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Detection of a Blade Fault from Simulated Gas Turbine
Casing Response Measurements
GARETH L. FORBES and ROBERT B. RANDALL

ABSTRACT
Condition monitoring of blades within gas turbines has been and will continue
to be of importance in all areas of their use. Non-intrusive measurement of blade
condition is the ambition of most techniques, with many methods proposed,
investigated and employed for such measurement, with the current dominant method
using proximity probes to measure blade arrival time for subsequent monitoring. It is
proposed however that the measurement of the casing vibration, due to the
aerodynamic-structural interaction within a gas turbine, could provide a means of
blade condition monitoring and modal parameter estimation. An analytical model has
been developed of the response of a gas turbine casing to what is believed to be the
dominant forces acting on it, viz: (i) the moving pressure waveform around each blade
throughout its motion and (ii) the forces (and moments) applied through the stationary
stator blades, to understand the form of the casing response. A simulated blade fault
has then been added to the model to represent a damaged blade, of arbitrary form, by
reducing the stiffness of one blade. The change in the contribution to the casing
response measurements due to this simulated fault is explored.
INTRODUCTION
Gas turbines are driven by the heating and expansion of gases from
combustion, causing fluid flow over the multiple blade rows inside the engine and
providing useful work output. These extreme operating conditions of high
temperatures and pressures within a turbulent flow environment mean that analysis of
stresses and heat transfer of the engine working surfaces are of great importance in
design and operation.
Measurement and modelling of blade vibrations, has developed for two main
applications, determination of stress levels induced by the blades’ dynamic motion
and to quantify blade condition. A substantial amount of research has been conducted
on forced blade motion to determine the stress levels within blades, with
advancements taking into account the effects of wake passing, blade tip vortices as
well as structural and aerodynamic loadings on blades [1]. Further extensions using
computational methods to calculate blade mode shapes and pressure forces have been
used in an effort to better estimate the structural and aerodynamic loadings [2].
Under operating conditions the introduction of a fault in the gas turbine blade
will alter the blade vibration properties, and has led the development for prediction
and measurement of blade vibration in order to make a determination of blade
condition. The current dominant blade vibration measurement method, in the aeroindustry [3, 4], for engine design, is blade tip timing (BTT), which is the measurement
of blade arrival time at one or more locations around the casing periphery. BTT
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methods are currently able to satisfactorily measure asynchronous, non-integer
multiples of shaft speed, blade vibrations such as rotating stall, flutter and compressor
surge, but requires perforation of the casing. However, no one single method is able to
fully characterise the vibration parameters of blades in service [5].
An alternative method has been proposed for non-intrusive measurements of
blade vibrations by means of external accelerometer measurements on the casing of a
gas turbine [6, 7]. The deterministic periodic blade forced vibrations were analytically
and numerically modelled, with further extension including the addition of random
fluctuations in the blade force, due to the turbulence within the flow. Incorporation of
fluctuations due to turbulence is not customary in conventional blade forced vibration
modelling and measurement; it has been shown however that the stochastic portion of
the forces within a gas turbine can contain vital blade vibration information [7].
Within the following sections only the stochastic forced vibration of the casing will be
modelled, to show the correlation between patterns in the casing vibration and blade
vibration within the engine. Changes in the natural frequency of a single blade, and
the effect this has on the casing vibration, is then investigated.
ROTOR BLADE FORCED VIBRATION
Flow over the rotor and stator blade aerofoils cause high and low pressure
forces acting over the blade surface. Behind the trailing edge of leading blades, wakes
are also created, as shown in Figure 1(b). As the rotating blade stages rotate around
the engine the stationary pressure profiles around the stator blades, and the wakes
behind up-steam blade rows, cause fluctuating forces on the rotor blades. In this study
the stator blades will be assumed to remain stationary, this assumption can be partly
justified due to the fact that few stator blade vibration problems have ever been
reported in turbo-machinery [8]. Stator blade vibration could however be included in
more detailed models. As the stator blades are assumed to be stationary the pressure
profile and wakes from the trailing edge will remain stationary and the force on the
rotor blades will be stationary and periodic with stator passing frequency, with a
defined spatial shape. The force acting on rotor blades downstream of a stator blade
row has been shown to have, in general, a damped impulse shape [9] (obviously this
varies widely and is dependent on the specific turbine). Turbo-machinery flow
conditions are however inherently turbulent, with background turbulence intensity
levels often reported to be approx. 3-4%, and turbulence within the wake region is
often five times greater than the background turbulence [10-12]. It is also noted that
the frequency content of turbulence within a gas turbine will be somewhat bandlimited; however in the context of this work the turbulence was assumed to be
completely broadband.
The forces acting on the rotor blades are therefore modelled as a raised cosine
with a period of half the stator blade pass frequency, and modulated by a random
fluctuation due to turbulent flows. The Fourier series expansion of this force on the
‘rth’ blade can be expressed as:
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where Ai are the Fourier coefficients, Zspf is the stator passing frequency,
b t is a uniformly distributed random variable with zero mean and a deviation of
r7.5% .
The rotor blades are assumed to act as a simple oscillator, i.e. a single degree
of freedom spring-mass-damper system, this has been stated to be an adequate model
of a blade’s response if only one natural frequency is near the excitation frequency
[13]. The solution of the blade motion under the force given in equation (1), will only
be solved, in this analysis, for the stochastic portion of the force, as the deterministic
force component is not of interest in this present study (solution for the deterministic
force component can however be found in [6]).
Solution of the rotor blade motion for the ‘rth’ blade can be simply seen to be
given by:
X f r H f rF f r
(3)

where capitalization refers to the Fourier transform of the corresponding time
signal and H f r is the transfer function of the ‘rth’ blade being:
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Ar being the gain factor for the ‘rth’ blade.
FORCES ON CASING AND STATOR BLADES
The casing of a gas turbine, under test conditions, can be excited by two
groups of forces [14], viz: (a) forces from the engine and running gear through
casing/bearing attachments, (b) forces from the aerodynamic/structural interaction
within the engine. The second group of forces, (b), can then be further broken down
into its believed constituents; (i) interaction with the rotating pressure profile around
each rotor/stator blade, (ii) propagation of acoustic waves inside the casing, (iii)
pressure fluctuations due to turbulent and impulsive flows.
The current model is of a 1.5 stage turbine, with a row of 5 inlet guide vanes,
IGV’s, followed by a row of 6 rotor blades, with a final row of 5 stator blades. The
IGV’s and stator blades are also not “clocked”, i.e. they are aligned axially. A
longitudinal section of the simulated blade rows is shown in Figure 1(a), a transverse
sectional view is seen in Figure 2.
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Figure 1 longitudinal section of 1.5 stage turbine (a), wake interaction between blade rows (b)
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Figure 2 transverse sectional view of 1.5 stage turbine, s(1)-s(5) stator blade locations, b(1)b(6) rotor blade locations

The pressure profile around each of the rotor blades which causes a fluctuating
pressure on the inside surface of the casing as the blades rotate, is considered to
follow the motion of the rotor blades as they also vibrate about their equilibrium
position. The pressure from the ‘rth’ blade is once again given as a raised cosine, with
a period of one rotor blade spacing with the Fourier expansion given as:
f
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The forces acting on the stator blades are modelled as a raised cosine of half
the blade passing period as was the force on the rotor blades previously. The
assumption of neglecting the stator blades’ dynamic motion means that the force
acting upon them will directly be applied to the casing surface, which in the limit
could be expressed as the application of a local moment at the location of the stator
blade. However as with the rotor blades, the phase of the force will be dependent on
the rotor blade motion, such that the resulting moment for the ‘pth’ stator blade can be
expressed as:
 b f
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ANALYTICAL CASING RESPONSE

The response of the casing under the rotating pressure force from the rotor
blades and the excitation by the local moment due to the stator blade loadings, given
by equations (5) and (6), can be undertaken in the same manner as the blade response,
expressed in equation (3), for the stochastic portion of the blade motion. The casing
was modelled analytically as an ideal circular ring, with the geometric and material
properties given in Table 1. The solution method is similar for both the rotating
pressure and the stator blade loadings, with solution of the generalised force vector
then construction of the frequency response function and Fourier transform of the
generalised force vector.
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Table 1 Geometric and material properties

Density

U

Young’s Modulus

E 20.6 u 104 N / mm 2
R 100mm

Mean Radius of ring

h

Radial Thickness of
ring
Damping of ring

7.85 u109 Ns 2 / mm 4

2mm

] 1 0.01
] 2 0.005
Znb 500 Hz

Damping of blades
Blade natural
frequency
Stator blade loadings

The generalised force vector for a moment load on an elastic ring is given by
[15],
ª w Tp R º
1
«
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where the mode shapes are given as: (the solution is also only solved for k = 1,
as the lowest natural frequency at k = 2, is an order of magnitude above the blade pass
frequency)
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The generalised force vector can be shown to be:
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The frequency response function of the ring under the influence of the moment
load Tp , given in equation (6), can now be expressed:
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Such that the response of the ring under the load Tp , given in equation (6), is:
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Rotating pressure loading

A similar solution method is used for the rotating pressure load, firstly solving
for the generalised force vector, given in [16]:
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The mode shape is now given as:
U 3 e jn T D r
Solution of the generalised force vector can be shown to now be:
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The frequency response function of the generalised force vector for the
rotating pressure loading is now:
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Such that the response of the casing under the generalised force vector in
equation (16), is given as:
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The total response is then the sum of the contributions from the rotating
pressure force and the stator blade loadings.
RESULTS

Results were obtained for the radial displacement of a circular ring under the
loading conditions outlined earlier, with an input shaft speed, : , of 80 Hz. The
power spectral density, PSD, of the output was calculated by averaging over an
ensemble of 100 time records of 32 revolutions. The PSD of the same loading
conditions applied to the transfer functions obtained from a Finite Element, FE, model
of a thin cylindrical shell, of finite width of 10mm, is also presented. Any
deterministic components of the casing radial displacement, were removed from the
PSD’s. The residual PSD, in Figure 3(a-b), can be seen to have narrow band peaks,
which are the forcing function filtered by the blades’ frequency response function, at
multiples of shaft speed r the blade natural frequency. The structural resonances can
also be seen to be excited in the residual PSD’s. Differences are apparent between the
analytical and FE results due to the small differences in the structural resonance
locations; however, the same harmonic series of narrowband peaks at multiples of
shaft speed r blade natural frequency can be seen.
Results were then obtained by lowering the natural frequency for one blade by
10%. This results in a new set of harmonic narrow band peaks at shaft r the altered
blade natural frequency, as seen in Figure 3(c).
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Figure 3 Residual PSD
, structural transfer function
, vertical dashed lines at
multiples of shaft speed, vertical dotted lines at multiples of shaft speed r blade natural frequency. (a)
analytical solution no blade fault, (b) FEA solution no blade fault, (c) analytical solution with blade
fault

CONCLUSIONS

Analytical and FE solutions to the forced casing vibration response under the
simulated operating conditions have been presented. Cross validation of the analytical
and FE model have shown that blade vibration information is present within the
residual PSD of the radial casing response, with a harmonic series of narrowband
peaks present at multiples of shaft speed r the blade natural frequency. The reduction
of natural frequency, by 10%, of one blade was then modelled and the changes in the
residual PSD were then compared. An additional set of narrowband peaks was now
seen to be present at multiples of shaft speed r the altered blade natural frequency.
Both these results highlight that information should be obtainable from casing
vibration measurements, on the natural frequency of the blades within the engine.

888

ACKNOWLEDGEMENTS

Grateful acknowledgment is made for the financial assistance given by the
Australian Defence Science and Technology Organisation, under the Centre of
Expertise in Helicopter Structures and Diagnostics at UNSW.
REFERENCES
1.
2.
3.
4.
5.
6.
7.
8.
9.
10.
11.
12.
13.
14.
15.
16.

Majjigi, R.K. and P.R. Gliebe, Development of rotor wake/vortex model, in NASA-CR-174849.
1984, NASA contract NAS3-23681.
Chiang, H.-W.D. and R.E. Kielb, Analysis system for blade forced response. Journal of
Turbomachinery, Transactions of the ASME, 1993. 115(4): p. 762-770.
Zielinski, M. and G. Ziller, Noncontact Blade Vibration Measurement System for Aero Engine
Application. American Institute of Aeronautics and Astronautics, 2005(ISABE).
Heath, S., A New Technique for Identifying Synchronous Resonances Using Tip-Timing.
Journal of Engineering for Gas Turbines and Power, 2000. 122(2): p. 219-225.
Heath, S., et al. Turbomachinery blade tip measurement techniques. in Advanced NonIntrusive Instrumentation for Propulsion Engines. 1997. Brussels, Belgium.
Forbes, G.L. and R.B. Randall. Simulated Gas Turbine Casing Response to Rotor Blade
Pressure Excitation. in 5th Australiasian Congress on Applied Mechanics. 2007. Brisbane,
Australia.
Forbes, G.L. and R.B. Randall. Separation of excitation forces from simulated gas turbine
casing response measurements. in EURODYN 2008. 2008. Southampton, UK.
Cumpsty, N.A., Compressor Aerodynamics. 2004: Krieger Publishing Company.
Mailach, R., L. Muller, and K. Vogeler, Rotor-stator interactions in a four-stage low-speed
axial compressor - Part II: Unsteady aerodynamic forces of rotor and stator blades. Journal
of Turbomachinery, 2004. 126(4): p. 519-526.
Henderson, A.D., G.J. Walker, and J.D. Hughes, The influence of turbulence on wake
dispersion and blade row interaction in an axial compressor. Journal of Turbomachinery,
2006. 128(1): p. 150-157.
Dullenkopf, K. and R.E. Mayle, Effects of incident turbulence and moving wakes on laminar
heat transfer in gas turbines. Journal of Turbomachinery, Transactions of the ASME, 1994.
116(1): p. 23-28.
Camp, T.R. and H.W. Shin, Turbulence intensity and length scale measurements in multistage
compressors. Journal of Turbomachinery, Transactions of the ASME, 1995. 117(1): p. 38-46.
Dimitriadis, G., et al., Blade-tip timing measurement of synchronous vibrations of rotating
bladed assemblies. Mechanical Systems and Signal Processing, 2002. 16(4): p. 599-622.
Mathioudakis, K., E. Loukis, and K.D. Papailiou. Casing vibration and gas turbine operating
conditions. 1989. Toronto, Ont, Can: Publ by American Soc of Mechanical Engineers
(ASME), New York, NY, USA.
Soedel, W., Vibrations of shells and plates. 2nd ed. 1993, New York: Marcel Dekker. xix, 470
p.
Forbes, G.L. and R.B. Randall, Resonance Phenomena of an Elastic Ring under a Moving
Load. Journal of Sound and Vibration, 2008. Under Review.

889

