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Abstract

This thesis presents autonomous droop-based control schemes to share power pro-

portionally in inverter-connected islanded microgrids; in which different microgrid

structures such as inductive (L-type), resistive (R-type), and resistive-inductive (RL-

type) are considered. The main aim of designing new controllers in this dissertation

is to distribute the load change among intermittent distributed generators according

to their power ratings.

A linearized model of microgrids is used to evaluate the change in powers (real-

reactive) of the distributed generators due to the load change, but it is noticed that

the linearized modeling of microgrids depends on the distribution line parameters.

Thus, proportional power sharing cannot be maintained. Improved droop-based

algorithms are developed to share power based on droop gains by including a voltage

control law; in which the reference values of the generator voltages are kept the same.

A compensation-based droop control is provided by adding a power offset to the

real power for balancing the inverter output power during the variation in the output

of distributed generation. A derivative term is also included in droop algorithms for

damping the oscillatory modes of the controllers so that improved dynamic perfor-

mance can be ensured.

This thesis contains eigenvalue analysis to predict the stability of microgrids.

However, it is anticipated that this method may not provide satisfactory results in

large inverter-dominated systems as it is based on the quasi-static approximation.

In order to overcome this shortcoming, an extended dynamic phasors analysis is

described in this dissertation in details to find out a suitable stability range of

droop gains for the proposed controllers.
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Finally, the performance of the designed droop-based power sharing controller is

verified on a multi photovoltaic source-based islanded test microgrid and superior

dynamic performance is obtained compared with the conventional RL-type droop

controller.
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Chapter 1

Introduction

1.1 Background

Presently, fossil fuels are the main source of energy. However, some environmental

concerns are raised by their use [1]. With a view to keeping the environment clean,

these fossil fuels are now being replaced by the renewable energy sources (RESs)

such as solar, wind, geothermal, hydro and so on. These renewable sources are

mostly available as distributed-generation (DG) units [2]. Compared to conventional

centralized generators, DG units are responsible for providing more reliable local

services in terms of voltage regulation, power quality, and power factor correction

[2]. In the present world, RES-based DG technology is gaining popularity to generate

electric power. This is because of the fact that a variety of dispersed energy can

be used here [3]. DG technology offers numerous technical, environmental, and

economical benefits [4] such as reliable and effective power supply with higher energy

efficiency, low transmission and distribution losses with flexible installation, less

environmental pollution, and low operating costs [5].

DG units, with energy storage and control devices, are generally connected to

the distributed load-side by means of dc/ac converters such as inverters [6], [7], and

the overall system is widely known as a microgrid (MG) [8], [9]. Modern inverters

are fast acting devices and power balance is obtained by them very quickly. Thus, it

is meaningful to implement them during the operation of microgrids [10]. Microgrids

1
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are becoming popular throughout the world nowadays as they are small-scale, self-

contained, medium/low-voltage electric power systems (EPS) [11]. They also ensure

the effective use of renewable energies with proper capital investments, reduction of

the system losses, maintenance of adequate power flow and voltage profile [12]-[14].

There are two modes of operations in microgrids: grid-connected and islanded [15].

The standalone mode of operation is more challenging as the power flow and the

voltage profile are maintained locally with proper voltage and frequency control [16].

In this dissertation, islanded microgrids are modeled as parallel inverter-interfaced

networks integrated with renewable generation, i.e., PV, and connected to a shared

load.

However, the available inverter-connected microgrids do not have the rotating

inertia [16] and they cannot distribute power among DG units during frequent load

change, which is a very common phenomenon in islanded microgrids [17]. Hence,

the planning and the operation of electrical networks are affected [18]. Their per-

formance can further be deteriorated by the co-existence of multiple DG units [19].

Moreover, automatic power sharing among parallel-operated inverters may not be

possible without accurate control strategies [20]. In general, microgrids are con-

trollable networks [21]. In recent times, various control approaches (mostly local

independent control strategies [22]) have been developed with or without the help

of communication [23], [24] for the desired operation of microgrids [25]. Centralized

control of microgrids, based on communication, has been reported in [26], but in

some cases it has been shown to be impractical in remote areas with long distance

connection among inverters. The distribution of dynamic signals characterized by

high-bandwidth is also expensive [26]. In addition, this control scheme might be

affected by the reliability issues in few circumstances due to lack of clear commu-

nication [27]. A signal injection-based load sharing mechanism is investigated in



Section 1.2 Literature Review on Droop-based Control 3

[27], but the complexity of signal injection has made this method far from being

practical. On account of these reasons, decentralized or automatic control strategies

are utilized by the microgrid operators [28].

1.2 Literature Review on Droop-based Control

A well-established primary level of hierarchical control scheme for inverter-based

microgrids is droop-based control [29], [30], which emulates the characteristic of

synchronous machines [28] and protects the system from instability without the

need for any communication [31]. Forward droop control (FDC) is so described that

the reactive power depends on the voltage magnitude, whereas the real power is

controlled by the frequency [32]-[35]. Within an interconnected microgrid, inverters

and loads are certainly designed to operate at a rated frequency. However, frequency

droop causes the frequency to change from its nominal value, resulting in frequency

imbalance. Consequently, another controller needs to be implemented for bringing

the frequency back to its rated value. This drawback can be eliminated by repre-

senting frequency droop control as a rate-of-change of angle droop control [36]. In

simulation modeling, most droop controllers are designed by assuming instantaneous

change in the output power of DG units owing to the change in the renewable gen-

eration, but in reality this cannot be guaranteed rather a delay is noticed [37]-[39].

In order to eradicate this problem, a buffer (such as capacitor) can be used in the

modeling to supply or absorb the difference in the inverter output power and the

generated power. However, this process may not be fruitful if the buffer fails to

operate swiftly. Thus, existing droop control should be modified to cope with the

change in the renewable generation.

Although a derivative term is included in conventional FDC to control the start-

up transients in [40]-[43], the classical P/δ̇ and Q/V droop controllers are designed
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only for inductive (L-type) distribution line-based microgrids. Hence, they perform

poorly in low-voltage (LV) microgrids dominated by the resistances [44]. A virtual

output inductance-based control method has been used in [40], [45] to overcome the

effect of high resistance on the performance of microgrids, but it does not work well

in plug-and-play feature-based systems where DG units and loads are connected at

any points without any error [46]. In [46], an improved control scheme is given but

it requires fast communication and is proved to be expensive as well [47]. Another

control scheme, known as robust servo-mechanism, is proposed in [48]. However, it

cannot operate in a system; in which there exists more than one DG units. This is

because of the inapplicability of the control algorithms in multi-source systems. To

address the above limitations, P/V and Q/δ̇ droop controllers are studied in [34],

[44], [49]. Although this control approach shows excellent performance in highly-

resistive (R-type) microgrids, it cannot stabilize inductive microgrids. As a result,

two different droop algorithms are required depending on the microgrid structures

that may be inconvenient for microgrid operators [50]. In order to ensure a gen-

eralized islanded microgrid control, the authors in [43], [50]-[52] proposed a more

realistic droop-based control that can operate both in resistive and inductive (RL-

type) microgrids and can provide a simultaneous control in system’s voltage and

frequency. However, power sharing quality of these controllers needs to be verified.

Effective power sharing is an important reason for which microgrids are controlled

[28]. This is because when the load changes from its initial condition, the change

has to be divided among DG units according to their capacity. In droop-controlled

inductive microgrids, the real power can be shared proportionally based on the rate-

of-change of voltage phase angle [28], [36], [53], but proportional reactive power

sharing based on the terminal voltage is not possible [54]. That is why; a linearized

model-based reactive power sharing strategy is used in [28], [36], [37], [53]. In
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linearized model-based microgrid power sharing, the change in the power of DG

units is calculated (caused by the load change) [36]. However, it is found that the

linearized modeling of microgrids relies on the distribution line parameters. Thus,

proportional power sharing cannot be ensured after the change in the load [55], [56].

Proportional power sharing is recommended in microgrids because it enables DG

units to supply power to the load based on their power ratings [36]. A hierarchical

droop control with proportional power sharing feature is presented in [57], [58], but

this approach needs a sequence of synchronization events though communication

network, which increases the complexity of the system. Integral argument-based

power sharing strategy of microgrids is provided in [54]. However, the applicability

of this method in different types of microgrids is not clear. Moreover, it is required

to fix a suitable droop gain selection procedure for this method.

It is worth noting that proper gain selection of droop-based controllers is neces-

sary for maintaining the system stability and ensuring expected power sharing. In

literatures [46], [59]-[62], the complete small-signal model of microgrids is developed

with a view to predicting the system response during the change in parameters.

Although this analysis is helpful to predict the system stability and dynamics, more

computational efforts are required in large inverter-dominated systems [63]. Fur-

thermore, on account of the quasi-static nature of small-signal analysis [64], the

dynamics of the power network elements are neglected [65]. This method is ap-

propriate for slow-acting inverters but provides questionable results in the presence

of inverters with low-inertia and fast-acting qualities. Moreover, this model is no

longer useful when it is required to consider high-gain values [66]. As a consequence,

dynamic phasors modeling (DPM) is proposed in [64]-[67] to select the control pa-

rameters. Dynamic phasors are time-varying phasors. They consider the dynamics
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of the power network circuit elements to predict the transient response and to deter-

mine the stability limits accurately [64], [68]. The method by which they are used

is known as dynamic phasors modeling (DPM) [67], [68]. However, the challenging

task is to include droop-based control algorithms with this method with a view to

determining the precise stability margins for various microgrid controllers.

1.3 Motivations for Current Research

• The available droop-based controllers cannot guarantee proportional reactive

power sharing in inductive microgrids, proportional real power sharing in re-

sistive microgrids, and proportional real-reactive power sharing in inductive-

resistive microgrids. Proportional power sharing is recommended to distribute

the change in the load and in the renewable generation among distributed

generators based on their power ratings. Hence, it is essential to develop new

types of droop-based algorithms in order to ensure proportional power sharing

in all types of microgrids.

• The challenging task is to extend the existing dynamic phasors modeling by

including the droop-based control algorithms with it so that the control pa-

rameters can be determined.

1.4 Underlying Research Questions

• How the algorithms of the conventional droop-based controllers can be modi-

fied to ensure proportional power sharing in different types of microgrids?

• How droop-based control algorithms can be included with the existing dynamic

phasors models to determine the control parameters?
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1.5 Thesis Contributions

• New types of droop-based control algorithms are developed to share power

proportionally in different types of microgrids such as inductive, resistive, and

inductive-resistive microgrids. The focus of this research is proportional power

sharing so that the change in the load among distributed generators can be

distributed depending on their power ratings. The controllers are designed by

including a voltage control law in droop-based control algorithms. In steady-

state the developed control algorithms guarantee that the power is shared

inversely proportional to the droop gains (Provided in Chapter 2).

• A compensation-based droop controller is designed to balance the inverter

output power during the change in the renewable generation. Power balance

is ensured by adding a power offset to the real power output and this power

offset is expressed as a function of the variation in the renewable generation

(Provided in Chapter 2).

• The existing dynamic phasors modeling is extended by including the developed

control algorithms with it. The characteristic equations of the closed-loop sys-

tems are calculated and then the stability margins for the designed controllers

are determined (Provided in Chapter 3).

• A new type of droop-based control algorithm is developed for Photovoltaic

(PV) systems that can share power proportionally during the load change and

also can balance power if PV generation varies (Provided in Chapter 4).

1.6 Thesis Outline

This thesis begins with an introduction of decentralized control algorithms for pro-

portional power sharing in islanded microgrids in Chapter 2. These algorithms are

proposed for different microgrid structures such as L-type, R-type, and generalized
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(RL-type), and are developed to distribute the change in the load among parallel

inverter-connected DG units based on their capacity without any communication.

Algorithms are also improved to ensure well-damped system responses and to pro-

vide protection against the change in the dc-bus voltage.

In Chapter 3, the gain selection methodologies of the proposed controllers are

provided. The linear modal analysis is carried out due to the fact of obtaining con-

trol gains. Successive approximation is done to get the eigenvalues by ensuring that

no values have got any positive real parts. However, the dynamics of the power

circuit elements are ignored in linear modal approach. For this reason, there exists

an anticipation of evaluating the accurate stability limit in power electronics-based

large microgrids. Therefore, this chapter also describes a more feasible gain selec-

tion method, known as dynamic phasors modeling, to overcome the shortcomings

of eigenvalue analysis in determining the range of the control parameters for the

designed controllers.

Chapter 4 contains the combined algorithms of the proposed droop-based power

sharing controller and the performance of this controller is evaluated on a photo-

voltaic (PV)-based islanded microgrid by means of MATLAB simulation. Diverse

case studies are considered such as the load change in R-type, L-type, and RL-type

microgrids, and the variation in the PV generation. In all cases, the performance of

the designed controller is compared with the existing RL-type droop controller and

the simulation results show that the proposed control scheme is more accurate than

the conventional one in terms of damping aspect.

Conclusions and directions for further research are given in Chapter 5.
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The results, obtained from the research carried out in this thesis, have been pub-

lished in different referred international conference proceedings and journals (some

are accepted or submitted). A list of these publications are presented at the begin-

ning of this dissertation.



Chapter 2

Decentralized Control for Proportional

Power Sharing in Islanded Microgrids

2.1 Chapter Purposes

This chapter develops a compensation-based droop control algorithm to distribute

the change in the load and in the renewable generation proportionally. A deriva-

tive droop control is provided to ensure well-damped dynamic performance of the

DG units. A current-based droop control scheme is proposed to protect the micro-

grid against short-circuit phenomenon that may occur at the distributed lines. A

linearized model-based power sharing analysis is described to share real power in

resistive (R-type) microgrids, reactive power in inductive (L-type) microgrids, and

real-reactive powers in inductive-resistive (RL-type) microgrids. Finally, new types

of droop-based controllers are designed to share power proportionally among DG

units based on droop gains only (without relying on the distribution line parame-

ters).

2.2 Literature Review

Droop-based control schemes emulate the characteristic of synchronous machines

[28] and operate without communication [31]. Forward droop control (FDC) is a

popular control method for L-type microgrids; in which frequency is varied depend-

ing on the change in the real power [32]-[35]. Since frequency has to be at its

rated value, an additional controller is required to use for frequency adjustment. In

10
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[36], it is reported that modern inverters can change the phase angle of the output

voltage. That is why; frequency droop control is illustrated by the rate-of-change

of voltage angle droop control. Modified FDC algorithms is provided in [36], [55],

[56] to distribute the change in the reactive power, due to the load change, among

inverter-connected DG units based on their power ratings. However, the change in

the renewable generation is neglected in most literatures of droop control [37]. A

feedback control strategy is introduced in this chapter which enhances the feasibility

of FDC in microgrids if either load or renewable generation varies.

It is shown in [44] that forward droop control lacks accuracy in highly-resistive

microgrids, and reverse droop control (RDC) is presented by the authors in [34],

[49]. With reverse droop control method, reactive power can be shared easily but

real power sharing is complicated. For this reason, linearized model-based real power

sharing approach is demonstrated in this chapter. However, this strategy depends

on the distribution line parameters. Therefore, an improved reverse droop control

control algorithm is also developed for proportional real power sharing.

As RDC is inapplicable to L-type microgrids [50], a more realistic control scheme

regarded as generalized droop control (GDC) is proposed in [43], [51], [52]. GDC

can operate in any types of microgrids. However, power sharing with this control

approach is very complicated. This chapter discusses how GDC can be used to

share power via linearized model analysis of microgrids. Because of the constraint

of linearized model method, improved GDC is also proposed to share real-reactive

power proportionally among inverter-interfaced DG units.

2.3 Chapter Outline

The rest of the chapter is structured as follows: Section 2.4 derives power-flow

equations for the microgrid system. Section 2.5 contains the existing droop-based



Section 2.4 Microgrid Power-flow Equations 12

control algorithms with modifications. In Section 2.6, power sharing features of the

existing controllers are given. New types of droop-based controllers are proposed for

proportional power sharing in Section 2.7. Section 2.8 outlines the chapter summary.

Figure 2.1. Basic single-line diagram of a simple microgrid.

2.4 Microgrid Power-flow Equations

Majority of renewable sources are connected to microgrids by means of voltage-

source converter (VSC) such as inverters. Inverter-interfaced renewable generation

can be modeled as a voltage-source; in which the voltage magnitude and phase angle

are controlled [36]. Fig. 2.2 shows a two voltage-source microgrid with one load.

Analysis of a two-source microgirds is enough to understand the basic operation

a microgrid and its research problems. In this figure, distributed generator bus is

denoted by i-bus where i stands for the ith generator and load is connected at L-bus.

The voltage magnitude and phase angle of sources and the load are represented by

Vi∠δi and V
′∠δ′

respectively.

The apparent power (S) flowing from sources to the load is [51]:

S̄i = Pi + jQi = V̄iĪi
∗
= V̄i(

V̄i − V̄ ′

Z̄i

)∗ (2.1)
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where, V̄i = Vi∠δi, V̄ ′ = V
′∠δ′

, and Z̄i = Z∠φi (φi=line impedance angle).

Let assume, δi = 0 and δ
′
= −Δδi.

Eqn. (2.1) can be written as:

S̄i = Pi + jQi =
V 2
i

Zie−jφi
− ViV

′
ejΔδi

Zie−jφi
=

V 2
i

Zi

ejφi − ViV
′

Zi

ej(φi+Δδi) (2.2)

From Euler’s formula, real power (P ) and reactive power (Q):

Pi =
V 2
i

Zi

cosφi − ViV
′

Zi

cos(φi +Δδi) (2.3)

Qi =
V 2
i

Zi

sinφi − ViV
′

Zi

sin(φi +Δδi) (2.4)

Let consider, line impedance (Zi)=line resistance (Ri)+j × line reactance (Xi),

cos(φi +Δδi) = cosφi cosΔδi − sinφi sinΔδi,

sin(φi +Δδi) = sinφi cosΔδi + cosφi sinΔδi.

Therefore, Eqns. (2.3) and (2.4) become:

Pi =
Vi

R2
i +X2

i

(RiVi −RiV
′
cosΔδi +XiV

′
sinΔδi) (2.5)

Qi =
Vi

R2
i +X2

i

(XiVi −XiV
′
cosΔδi −RiV

′
sinΔδi) (2.6)

Figure 2.2. Single-line diagram of a two-source microgrid.

The relation between bus currents and bus voltages in the microgrid is [36, 37]:

Ybus Vbus = Ibus (2.7)
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Ybus =

⎡
⎢⎢⎢⎢⎣

1
Z1

0 − 1
Z1

0 1
Z2

− 1
Z2

− 1
Z1

− 1
Z2

1
Z1

+ 1
Z2

+ 1
ZL

⎤
⎥⎥⎥⎥⎦ (2.8)

Vbus =

⎡
⎢⎢⎢⎢⎣

V1∠δ1

V2∠δ2

V3∠δ3

⎤
⎥⎥⎥⎥⎦ ; Ibus =

⎡
⎢⎢⎢⎢⎣

I1∠θ1

I2∠θ2

I3∠θ3

⎤
⎥⎥⎥⎥⎦ (2.9)

Let, the distribution line parameters are: Z1 = j0.25 pu, and Z2 = j0.05 pu.

Load-flow analysis is carried out to determine the initial set values of different

bus parameters. It is assumed that bus-1 is a generator bus, bus-2 is a slack or

reference bus, and bus-3 is a load bus. Considered initial set values: P 0
1 = 0.5 pu,

V 0
1 = 1 pu, V 0

2 = 1 pu, δ02 = 00, and load resistor, Z0
L=1 pu.

Load-flow solution gives the initial set values of δ1,V3, and δ3; these are: δ
0
1 = 5.76630,

V 0
3 = 0.9984 pu, δ03 = −1.42580. Using Eqn. (2.7), I01 = 0.5014 pu, θ01 = 1.45440, I02

= 0.4983 pu, θ02 = −4.32410, P 0
2 = 0.4969 pu, P 0

3 = P 0
ZL

= 0.9969 pu, Q0
1 = 0.0377

pu, and Q0
2 = 0.0376 pu (θi=current phase angle).

In order to see the impact of load change, the load impedance, ZL, is changed

from 1 pu to 0.5 pu. It is assumed that the voltage magnitudes and the phase

angles of voltage-sources are at the pre-changed values. From these values, the real

power and the reactive power provided by the voltage-sources are: P1 = 0.6616 pu,

P2 = 1.3190 pu, Q1 = 0.0740 pu, and Q2 = 0.1247 pu.

Now, ΔP1=P1-P
0
1=0.1616 pu and ΔP2=P2-P

0
2=0.8221 pu; from these values it is

noticed that the two voltage-sources are unable to share the extra load evenly. For

sound operation of microgrids, it is recommended to divide the extra load among

DG units in accordance with their ratings [36].
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Therefore, a method is required for maintaining this automatic load distribution

and droop-based control strategies are deployed in this chapter.

2.5 Existing Droop-based Control Algorithms

In this section, various microgrid control algorithms are introduced with a view

to ascertaining system stability under diverse microgrid structures. For example,

forward droop control (FDC) for inductive (L-type) microgrids is discussed in Sub-

section 2.5.1. The following sub-section contains reverse droop control (RDC) for

resistive (R-type) microgrids, and Sub-section 2.5.3 provides generalized droop con-

trol (GDC) for inductive-resistive (RL-type) microgrids.

2.5.1 Forward Droop Control (FDC) Algorithm with Modifications

This sub-section presents droop control scheme for L-type microgrids (Z1 = j0.25

pu, and Z2 = j0.05 pu). The voltage phase angle in distributed generation can be

changed based on a control law, and this strategy can be regarded as a droop [36,

55]. For instance, voltage phase angle is increased if DG-units supply less than the

connected load and vice-verse.

Let the change in phase angles, Δδi, is small such that sinΔδi ≈ Δδi and cosΔδi ≈ 1.

Eqns. (2.5) and (2.6) then become:

Δδi =
XiPi

ViV
′ (2.10)

Vi − V
′
= ΔVi =

XiQi

Vi

(2.11)

Motivated by these relations, the droop equations can be written as [36], [37], [53],

[68], [69] (i = 1, 2):

Δδ̇i = −kfi(Pmi
− P 0

i ) (2.12)

ΔVi = −kvi(Qmi
−Q0

i ) (2.13)
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where, subscript m stands for measured values, δi represents the phase angle of

inverter-connected DG sources, and ΔVi denotes the voltage difference between the

instant voltage and the initial voltage. P 0
i and Q0

i are reference active and reactive

powers. Pi and Qi indicate instant real and reactive powers. Pmi
and Qmi

are

measured powers. Besides, kfi and kvi are the control parameters. In this chapter,

the control gain values chosen for simulation are: kf1 = 1, kf2 = 5, kv1 = 0.001, and

kv2 = 0.005. The selection procedures of control gains are provided in Chapter 3.

Let assume that measurement sensors of real-reactive powers possess a first-order

dynamics and their transfer functions can be expressed as [36] (i = 1, 2):

Pmi
(s)

Pi(s)
=

wf

s+ wf

;
Qmi

(s)

Qi(s)
=

wf

s+ wf

(2.14)

where, wf is the time constant whose value is defined as 12 rad s−1.

Figure 2.3. Schematic block diagram of FDC.

Fig. 2.3 shows the droop control strategy; in which if the load changes, the

variation between original load and measured load is multiplied by the droop gains

and the controller controls it in a way that angle difference, voltages, real powers
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and reactive powers of the system remain stable. The droop control equations are

denoted in this diagram by means of summations and gains.
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Figure 2.4. L-type microgrids- angle difference and voltages by FDC.

Let consider, there is a 50 percent reduction in the load impedance at 1 second.

It increases active power and droop control decreases the rate-of-change of phase

angle of both DG sources to significant amounts. As a result, the angle difference of

the islanded microgrid increases. Since it is of fixed value (17.30100), as seen from

Fig. 2.4(a), the rate-of-change of angles (frequencies) are the same and a stable

operation is maintained throughout the system. Fig. 2.4(b) depicts the terminal

voltages of DG units. Their values decrease from initial value of 1 pu due to the

reduction in the load impedance.

2.5.1.1 Developed Compensation-based FDC Algorithm

The traditional droop control strategy is modified in this thesis and represented as

droop control with compensation. This is because of ascertaining the balance in the

real power output of the microgrid by changing it according to the change in the

dc-bus voltage of the power sources (Vdci). For this purpose, power offset (added

to the output real power) is expressed as a function of the variation in the dc-link
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voltage [37]-[39]. The proposed droop equations are (i = 1, 2):

P 0
fti

= kdci(V
0
dci

− Vdci) (2.15)

Δδ̇i = −kfi(Pmi
+ P 0

fti
− P 0

i ); ΔVi = −kvi(Qmi
−Q0

i ) (2.16)

where, P 0
fti

is the offset power. V 0
dci

and Vdci are initial and actual values of the

renewable generation. Proportional control keeps (V 0
dci

− Vdci) to a constant. The

value of dc control gain, kdci , is selected 1 for simulation in this dissertation.

Figure 2.5. Schematic block diagram of FDC with compensation.

In Fig. 2.5, a feedback controller is added with the existing droop controller in

order to control the voltage magnitude and the phase angle of a dc/ac converter-

interfaced voltage-source (connected in an islanded microgrid) when either renewable

generation, load or both vary.

Let assume a situation where a sudden change occurs in the generation of dc

micro-sources. Consequently, Vdci changes from its set value of 1 pu. Now, the

proposed feedback control strategy changes the output power of the microgrid in
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accordance with the change in Vdci . This will allow the microgrid to obtain a natural

balancing.
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Figure 2.6. L-type microgrids- angle difference and voltages by FDC with compensation.

When there is a sudden reduction (say 10 percent) in the dc generation at 1

second, transients are found in the wave-shapes of angle difference and voltages of

L-type microgrids. The designed control returns the system to a steady-state within

2 seconds that can be noticed from Fig. 2.6(a) and Fig. 2.6(b), indicating stable

operation after transients.

2.5.1.2 Derivative FDC Algorithm

A derivative term is added in conventional droop equations to improve the controller

performance. Derivative term ensures that a sudden load demand will be picked by

the DG units at a same rate. Thus, the rate-of-change in output power of DG

units can be restricted [40]-[43]. The derivative droop control (DDC) equations are

(i = 1, 2):

Δδ̇i = −kfi(Pmi
− P 0

i )− kfdi(
dPmi

− P 0
i

dt
) (2.17)

ΔVi = −kvi(Qmi
−Q0

i )− kvdi(
dQmi

−Q0
i

dt
) (2.18)
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where, kfdi and kvdi are derivative gains whose values are chosen as follows: kfd1 =

0.1, kfd2 = 0.5, kvd1 = 0.1, and kvd2 = 0.5.

In Fig. 2.7, the operation of the proposed derivative droop controller is demon-

strated. The controller works like a droop such that if the measured active power

is greater than the initial reference value, it decreases the phase angle. Similarly,

voltage is decreased when the measured reactive power is more than the initial ref-

erence value. Derivative terms maintain well-damped responses of angle difference,

voltages, and powers within the L-type microgrid.

Figure 2.7. Schematic block diagram of DDC.

The designed controller is able to keep the angle difference between two DG

units at a constant value, which can be seen from Fig. 2.8(a). Consequently, the

rate-of-change of angles (frequencies) are equal and the system is stable. Fig. 2.8(b)

represents the responses of terminal voltages at buses-1 and 2. The steady-state

values of them are achieved within 4 seconds. All these figures highlight the utility
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of the derivative droop controller in providing well-damped dynamic performance

for each DG units.
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Figure 2.8. L-type microgrids- angle difference and voltages by DDC.

2.5.1.3 Developed Current-based FDC Algorithm

When a short-circuit occurs at the distribution lines, the droop Eqns. (2.12) and

(2.13) would cause infinitely high currents. To avoid this situation and to control

the currents of DG units, current-based droop control is proposed in this thesis.

Since the currents of DG units can be expressed by the ratio of power and voltage,

Eqns. (2.10) and (2.11) can be modified as (i = 1, 2):

Δδi = XiIpi (2.19)

Vi − V
′
= ΔVi = XiIqi (2.20)

where, Ipi and Iqi are real and reactive currents of DG units (i = 1, 2). Current-

based droop control equations can be derived as (i = 1, 2):

Δδ̇i = −kfi(Ipmi
− I0pi) (2.21)

ΔVi = −kvi(Iqmi
− I0qi) (2.22)
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where, I0pi and I0qi are reference active and reactive currents, and Ipmi
and Iqmi

are

measured currents.

The current-based controller ensures stable responses of both real and reactive cur-

rent components of two DG units. Their responses are simulated in Fig. 2.9.
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Figure 2.9. L-type microgrids- real and reactive currents.
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Figure 2.10. R-type microgrids- angle difference and voltages by FDC.

2.5.1.4 FDC Algorithm in R-type Microgrids

In this sub-section, the FDC algorithm is applied on highly-resistive (R-type) mi-

crogrids to see its feasibility in this kind of microgrids; in which the distribution line
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impedances are considered as: Z1 = 0.25 pu, and Z2 =0.05 pu (inductive elements

are neglected).

However, it is observed from Fig. 2.10 that this algorithm cannot ensure the

system stability due to the high resistances of the distribution lines.

2.5.2 Reverse Droop Control (RDC) Algorithm

The perception of reverse droop control (RDC) arises for ensuring reliable and stable

operation of R-type microgrids. For highly-resistive microgrids, Ri >> Xi. This

means that Xi can be ignored as it is smaller than Ri [52]. If the change in phase

angles (Δδi) is small, then sinΔδi ≈ Δδi and cosΔδi ≈ 1. Eqns. (2.5) and (2.6)

can now be reduced as (i = 1, 2):

Δδi = −RiQi

ViV
′ (2.23)

Vi − V
′
= ΔVi =

PiRi

Vi

(2.24)

Eqns. (2.23) and (2.24) show a strong linkage between the reactive power and the

phase angle of the inverter-interfaced DG units, as well as between the real power

and the voltage magnitude of DG units. Thus, the proposed reverse droop equations

are [41], [44] (i = 1, 2):

Δδ̇i = kfi(Qmi
−Q0

i ) (2.25)

ΔVi = −kvi(Pmi
− P 0

i ) (2.26)

The operation of the proposed control is illustrated in Fig. 2.11. When the load

changes from a fixed value, the controller starts operating to share powers between

two DG units. It controls the voltage of a VSC-connected R-type microgrid by
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multiplying the change in the real power with kv, while the voltage phase angle is

controlled by the change in the reactive power multiplied by kf.

Figure 2.11. Schematic block diagram of RDC.
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Figure 2.12. R-type microgrids- angle difference and voltages by RDC.

The main objective of P/V droop control is to ascertain the stability in low-

voltage (LV) microgrids with the maintenance of power balance during load vari-

ations. It is seen from Fig. 2.12(a) that the implementation of RDC (when the
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load impedance changes from 1 pu to 0.5j pu) causes the microgrid angle difference

to approach a constant value of 1.6950, hence maintaining a stable operation. The

responses of the terminal voltages of DG units are shown in Fig. 2.12(b). The

steady-state values for them are obtained within 1 second of controller operation.

RDC Algorithm in L-type Microgrids

As is observed from Fig. 2.13 that RDC performs poorly in L-type microgrids,

although it provides satisfactory results in highly-resistive networks. This feature

of RDC urges the necessity of implementing two various types of control algorithms

depending upon the particular structure of microgrids. With a view to ensuring

generalized microgrid (L-type, R-type, and RL-type) control, a generalized droop

control (GDC) is presented in Sub-section 2.5.3.
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Figure 2.13. L-type microgrids- angle difference and voltages by RDC.

2.5.3 Generalized Droop Control (GDC) Algorithm

This sub-section describes GDC strategy, which has the feature of controlling both

resistive and inductive islanded microgrids. As a consequence, this control scheme

is more effective. Let derive GDC equations. If the change in phase angles, Δδi, is

small. That means sinΔδi ≈ Δδi and cosΔδi ≈ 1. Eqns. (2.5) and (2.6) become:
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Pi =
Vi

R2
i +X2

i

[RiVi −RiV
′
+XiV

′
Δδi] (2.27)

Qi =
Vi

R2
i +X2

i

[XiVi −XiV
′
Δδi −RiV

′
Δδi] (2.28)

Eqns. (2.27) and (2.28) show that not only the real power but also the reactive

power depend on the distribution line parameters, the voltage magnitude, and the

phase angle. According to these relations, the generalized droop equations can be

expressed as [50] (i = 1, 2):

Δδ̇i = −kfi
Xi

|Zi|(Pmi
− P 0

i ) + kfi
Ri

|Zi|(Qmi
−Q0

i ) (2.29)

ΔVi = −kvi
Ri

|Zi|(Pmi
− P 0

i )− kvi
Xi

|Zi|(Qmi
−Q0

i ) (2.30)

where, Ri, Xi, and Zi are distribution line resistances, inductances and impedances;

in which |Zi| =
√
R2

i +X2
i .

Real power and reactive power measurement sensors are believed to have a first-order

dynamics and their transfer functions are [46] (i = 1, 2):

P
′
mi
(s)

P
′
i (s)

=
wf

s+ wf

;
Q

′
mi
(s)

Q
′
i(s)

=
wf

s+ wf

(2.31)

where, P
′
mi

= Xi

|Zi|Pmi
− Ri

|Zi|Qmi
, Q

′
mi

= Ri

|Zi|Pmi
+ Xi

|Zi|Qmi
,

P
′
i =

Xi

|Zi|Pi − Ri

|Zi|Qi, Q
′
i =

Ri

|Zi|Pi +
Xi

|Zi|Qi.

The overall control operation is shown in Fig. 2.14, which reveals that the

controller operates as a droop and adjusts both the voltage magnitude and the rate-

of-change of voltage angle when the load value changes from its reference one. In

the diagram, k1 = kvi
Ri

|Zi| , k2 = kvi
Xi

|Zi| , k3 = kfi
Ri

|Zi| , and k4 = kfi
Xi

|Zi| .

The system parameters with this control approach are: Z1 = 0.25+j0.25 pu, and Z2

= 0.05+j0.05 pu.

Let there is a 50 percent change in the load impedance (0.5 pu) at 1 second.

Fig. 2.15(a) depicts that the angle difference increases to 21.20240 after slight initial
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oscillations due to the sensor dynamics. The voltages of DG-buses are also decreased

because of reducing the load impedance. This can be noticed from Fig. 2.15(b).

Figure 2.14. Schematic block diagram of GDC.
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Figure 2.15. RL-type microgrids- angle difference and voltages by GDC.

2.6 Power Sharing with Existing Controllers

Power sharing qualities of conventional droop-based algorithms are discussed in this

section. Linearized model-based power sharing approaches are also provided, where
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proportional power sharing is not possible.

2.6.1 Power Sharing based on FDC Algorithm

This sub-section deals with the real-reactive power sharing capability of forward

droop-based controllers. It has been found that the reactive power sharing with

FDC is complicated.

2.6.1.1 Real Power Sharing

For stable operation of microgrids, frequencies of each inverter output should be the

same, i.e., δ̇1 = δ̇2 [36].

Define ΔPi = Pmi
− P 0

i (i = 1, 2); and from Eqn. (2.12),

ΔP1 =
kf2
kf1

ΔP2 = 5ΔP2 [kf1 = 1, kf2 = 5] (2.32)

The steady-state values of real power of both the inverter-connected voltage-

sources are: P1=1.3017 pu, and P2=0.6567 pu. Now, ΔP1=P1-P
0
1=0.8017 pu and

ΔP2=P2-P
0
2=0.1598 pu, giving ΔP1

∼= 5ΔP2. This indicates that the control analysis

resembles the stability criteria and the real power is shared at real-droop gain ratio.

2.6.1.2 Reactive Power Sharing

If ΔV1 = ΔV2, from Eqn. (2.13),

ΔQ1 =
kv2
kv1

ΔQ2 = 5ΔQ2 [kv1 = 0.001, kv2 = 0.005] (2.33)

The steady-state reactive powers are: Q1=0.2611 pu, and Q2=0.2034 pu. There-

fore, ΔQ1=Q1-Q
0
1=0.2234 pu and ΔQ2=Q2-Q

0
2=0.1658 pu. However, it is noticed

that FDC cannot share reactive power in accordance with the reactive power ratings

of DG units.

Fig. 2.16 shows how real powers are shared between two DG units by FDC

methodology.
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Figure 2.16. L-type microgrids- real powers by FDC.

2.6.1.3 Linearized Model-based Reactive Power Sharing

In order to share the reactive power accurately, a linearized model-based analysis is

provided in [36], [37]; in which the change in reactive powers is evaluated after the

load change so that the sharing ratio can be obtained.

The reactive power-flow of a 3-bus microgrid, demonstrated in Fig. 2.2, can be

expressed as (i = 1, 2, 3; j �= i) [37]:

Qi =
3∑

j=1

ViVj(Gij sin δij − Bij cos δij) (2.34)

where, Gij and Bij are the line conductance and susceptance respectively.

For negligible Gij, it can be written as (i = 1, 2):

Qi = −ViV3Bi3 cos δi3 − V 2
i Bii (2.35)

Let the reactive power at node-3 of Fig. 2.2 changes owing to the load change, and

reactive powers at node-1 and node-2 become:

ΔQ1 = kv1ΔQ1V
0
3 B13 cos δ

0
13−V 0

1 |ΔV3|B13 cos δ
0
13+V 0

1 V
0
3 B13 sin δ

0
13+2kv1ΔQ1V

0
1 B11

(2.36)
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ΔQ2 = kv2ΔQ2V
0
3 B23 cos δ

0
23−V 0

2 |ΔV3|B23 cos δ
0
23+V 0

2 V
0
3 B23 sin δ

0
23+2kv2ΔQ2V

0
2 B22

(2.37)

The simplified forms of Eqns. (2.36) and (2.37) are:

ΔQ1 =
−V 0

1 |ΔV3|B13 cos δ013 + V 0
1 V

0
3 B13 sin δ013

1− kv1V
0
3 B13 cos δ013 − 2kv1V

0
1 B11

(2.38)

ΔQ2 =
−V 0

2 |ΔV3|B23 cos δ023 + V 0
2 V

0
3 B23 sin δ023

1− kv2V
0
3 B23 cos δ023 − 2kv2V

0
2 B22

(2.39)

where, |ΔV3| = V 0
3

√
(cos δ3)2 + (− sin δ3)2 = V 0

3 .

It is prominent from Eqns. (2.38) and (2.39) that the ratio of change in ΔQ1 and

ΔQ2, due to the change in ΔQ3, using the forward droop control strategy gives the

reactive power sharing ratio.

2.6.2 Power Sharing based on RDC Algorithm

2.6.2.1 Real Power Sharing

Let consider, ΔV1 = ΔV2. It can be written from Eqn. (2.26),

ΔP1 =
kv2
kv1

ΔP2 = 5ΔP2 [kv1 = 0.001, kv2 = 0.005] (2.40)

The steady-state values of real powers are: P1=0.0063 pu and P2=0.1635 pu.

Now, ΔP1=P1-P
0
1=0.4937 pu, and ΔP2=P2-P

0
2=-0.9765 pu. Thus, RDC is unable

to share the real power based on the real power ratings of DG units.

2.6.2.2 Developed Linearized Model-based Real Power Sharing

The real power-flow of a 3-bus microgrid system, shown in Fig. 2.2, is [44] (i =

1, 2, 3; j �= i):

Pi =
3∑

j=1

ViVj(Gij cos δij +Bij sin δij) (2.41)

For negligible Bij, Eqn. (2.41) can be written as (i = 1, 2):
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Pi = ViV3Gi3 cos δi3 + V 2
i Gii (2.42)

A variation in the real power at node-3 of Fig. 2.2 occurs owing to the load

impedance change, and it can be written using Eqn. (2.26) as:

ΔP1 = −kv1ΔP1V
0
3 G13 cos δ

0
13+V 0

1 |ΔV3|G13 cos δ
0
13−V 0

1 V
0
3 G13 sin δ

0
13−2kv1ΔP1V

0
1 G11

(2.43)

ΔP2 = −kv2ΔP2V
0
3 G23 cos δ

0
23+V 0

2 |ΔV3|G23 cos δ
0
23−V 0

2 V
0
3 G23 sin δ

0
23−2kv2ΔP2V

0
1 G22

(2.44)

The simplified form of Eqn. (2.43) is:

ΔP1 =
V 0
1 |ΔV3|G13 cos δ013 − V 0

1 V
0
3 G13 sin δ013

1 + kv1V
0
3 G13 cos δ013 + 2kv1V

0
1 G11

(2.45)

Similarly, Eqn. (2.44) can be expressed as:

ΔP2 =
V 0
2 |ΔV3|G23 cos δ023 − V 0

2 V
0
3 G23 sin δ023

1 + kv2V
0
3 G23 cos δ023 + 2kv2V

0
2 G22

(2.46)

Eqns. (2.45) and (2.46) suggest that the ratio of change in ΔP1 and ΔP2 with

the help of a reverse droop control scheme is the ratio of conductances. That is why;

real power sharing becomes dependent on the distribution line parameters, which

hampers the desired sharing of real powers based on real-droop gains.

2.6.2.3 Reactive Power Sharing

The system will be in steady-state when Eqn. 2.47 is held [36].

δ̇1 = δ̇2 (2.47)

Define ΔQi = Qmi
−Q0

i where i = 1, 2; and using Eqn. (2.25), ΔQ1 =
kf2
kf1

ΔQ2.

The steady-state values of the reactive power of inverter-interfaced voltage-sources

are: Q1=0.234 pu and Q2=1.7685 pu. Now, ΔQ1=Q1-Q
0
1=1.6694 pu, and ΔQ2=Q2-

Q0
2=0.3331 pu, providing ΔQ1=5ΔQ2. Again,

kf2
kf1

= 5. Hence, the proposed reverse
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control scheme maintains proportional reactive power sharing (wave-shapes are pro-

vided in Fig. 2.17).
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Figure 2.17. R-type microgrids- reactive powers by RDC.

2.6.3 Power Sharing based on GDC Algorithm

The generalized droop control equations, as observed from Eqns. (2.29) and (2.30),

include the distribution line impedances to ensure their feasibility in any types of mi-

crogrid structures. Because of this characteristic, GDC algorithm cannot distribute

the load change proportionally among distributed generators. For this reason, lin-

earized model-based power sharing approach is used in this dissertation.

2.6.3.1 Developed Linearized Model-based Real Power Sharing

The change in real power outputs, due to the load change, can be expressed as:

ΔP1 = −kv1(
R1

|Z1|ΔP1 +
X1

|Z1|p1)V
0
3 G13 cos δ013 + V 0

1 |ΔV3|G13 cos δ013

− V 0
1 V

0
3 G13 sin δ013 − 2kv1(

R1

|Z1|ΔP1 +
X1

|Z1|p1)V
0
1 G11 (2.48)

ΔP2 = −kv2(
R2

|Z2|ΔP2 +
X2

|Z2|p2)V
0
3 G23 cos δ023 + V 0

2 |ΔV3|G23 cos δ023

− V 0
2 V

0
3 G23 sin δ023 − 2kv2(

R2

|Z2|ΔP2 +
X2

|Z2|p2)V
0
2 G22 (2.49)
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where, pi = V 0
i V

0
3 Gi3 cos δ0i3 (i = 1, 2).

The ratio of ΔP1 and ΔP2 gives the real power sharing ratio.

2.6.3.2 Developed Linearized Model-based Reactive Power Sharing

Similarly, the change in reactive power outputs can be written as:

ΔQ1 = kv1(
R1

|Z1|q1 −
X1

|Z1|ΔQ1)V
0
3 B13 cos δ013 − V 0

1 |ΔV3|B13 cos δ013

+ V 0
1 V

0
3 B13 sin δ013 + 2kv1(

R1

|Z1|q1 −
X1

|Z1|ΔQ1)V
0
1 B11 (2.50)

ΔQ2 = kv2(
R2

|Z2|q2 −
X2

|Z2|ΔQ2)V
0
3 B23 cos δ023 − V 0

2 |ΔV3|B23 cos δ023

+ V 0
2 V

0
3 B23 sin δ023 + 2kv2(

R2

|Z2|q2 −
X2

|Z2|ΔQ2)V
0
2 B22 (2.51)

where, qi = V 0
i V

0
3 Bi3 cos δ0i3 (i = 1, 2).

The reactive power is shared at ΔQ1:ΔQ2.

As linearized model-based analysis of microgrids relies on the specific distribution

line parameters, the change in the load cannot be distributed among DG units based

on their capacity without proper optimization among parameters [55], [56]. Infact,

for an interconnected microgrid system where usually there exists more than one

DG units, the selection of accurate values of distribution line parameters would be

difficult.

With a view to sharing the change in the load proportionally, modified droop-

based algorithm are proposed in Section 2.7.

2.7 Designed Droop-based Controllers for Proportional

Power Sharing

This section proposes new types of droop-based controllers to share reactive power

in L-type microgrids, real power in R-type microgrids, and real-reactive power in

RL-type microgrids.
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2.7.1 Proportional Reactive Power sharing with Improved FDC

Algorithm

As is observed in Sub-section 2.6.1.2, the conventional FDC lacks the accuracy in

reactive power sharing. That is why; this sub-section provides a new type of forward

droop-based algorithm.

The droop-voltage control law can be expressed by the Eqn. (2.52) [54], [70].

ΔVi = kpi((V
0
i − Vrefi)− V

′
) + kii

∫
((V 0

i − Vrefi)− V
′
) dt (2.52)

Vrefi = Dvi(Qmi
−Q0

i ) (2.53)

where, i = 1, 2.

kpi indicates the proportional gain (kp1 = 0.1, kp2 = 0.5), Dvi is the droop gain

(Dv1 = 0.1, Dv2 = 0.5), and kii represents the integral gain (ki1 = 1, ki2 = 1).

The improved FDC control diagram is shown in Fig. 2.18; in which PI control

is added to the traditional FDC control diagram for proportional reactive power

sharing.

Figure 2.18. Schematic block diagram of improved FDC.



Section 2.7 Designed Droop-based Controllers for Proportional Power Sharing 35

During the stable condition of the system, the integral argument in Eqn. (2.52)

should be equal to zero. Therefore,

V 0
i −DviΔQi − V

′
= 0 (2.54)

where, ΔQi = Qmi
−Q0

i , V
0
1 = V 0

2 =1 pu, and

V
′
is the common load voltage.

From Eqn. (2.54), it can be concluded that if the initial values of the voltages are

kept the same, then the controller can share reactive powers inversely proportional

to reactive-droop gains.

The performance of the designed controller is simulated in Fig. 2.19. Here,

start-up oscillations are found on account of the integral control. These oscillations

are eliminated by the controller within 0.8 second of its operation.
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Figure 2.19. L-type Microgrids- reactive powers by improved FDC.

2.7.2 Proportional Real Power sharing with Developed RDC

Algorithm

Since RDC cannot divide the real power among DG units after the load change

evenly, an improvement is done in the control algorithm with a view to ascertaining
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proportional real power sharing. For RDC, the value of Vrefi is:

Vrefi = Dvi(Pmi
− P 0

i ) (2.55)

Fig. 2.20 illustrates the proposed RDC control strategy for proportional power

sharing in R-type microgrids, and Fig. 2.21 shows the performance of the designed

controller in real power sharing.

Figure 2.20. Schematic block diagram of proposed RDC.
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Figure 2.21. R-type microgrids- real powers by proposed RDC.

In the state of stability, the argument of the integral in Eqn. (2.52) becomes

zero. Hence,
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V 0
i −DviΔPi − V

′
= 0 (2.56)

Eqn. (2.56) suggests that real powers can be shared inversely proportional to real-

droop gains if the initial values of the parallel voltage-sources are the same.

2.7.3 Proportional Power sharing with Developed GDC Algorithm

This sub-section discusses improved GDC for sharing power according to the ratings

of DG units. Substituting Eqns. (2.55) and (2.53) into Eqn. (2.52), the voltage

droop-based modified GDC equations can be written as (i = 1, 2):

ΔVi = kpi(V
0
i −Dvi(Pmi

− P 0
i )− V

′
) + kii

∫
(V 0

i −Dvi(Pmi
− P 0

i )− V
′
) dt

+ kpi(V
0
i −Dvi(Qmi

−Q0
i )− V

′
) + kii

∫
(V 0

i −Dvi(Qmi
−Q0

i )− V
′
) dt

(2.57)

where, integral gain (kii) determines the speed of the system response.

For a stable feedback system with control, the argument of the first and second

integral in Eqn. (2.57) should be zero. Since V 0
i are the same and V

′
is the common

point voltage, powers can be shared based on the power-droop gains.

Figure 2.22. Schematic block diagram of proposed GDC.
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The proposed GDC control diagram to share real-reactive powers proportionally

in RL-type islanded microgrids is depicted in Fig. 2.22. PI control enables the

controller to share power effectively. Fig. 2.23 and Fig. 2.24 show the wave-shapes

of real and reactive powers, and it has been found that the proposed controller

returns the system to stable-state within 2.4 seconds.
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Figure 2.23. RL-type microgrids- real powers by proposed GDC.

2.8 Chapter Summary

In this chapter, the control algorithms in order to distribute the change in the load

between two DG units, under diverse microgrid structures (L-type, R-type, and

RL-type), are discussed in great details. Algorithms are also modified to reduce

the initial oscillations in the system responses, and to control the change in the

renewable generation. Power sharing qualities of the existing droop-based controllers

are demonstrated by means of load-flow analysis, and linearized model-based power

sharing method of microgrids is used to determine the change in powers because of

the load change.
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Figure 2.24. RL-type microgrids- reactive powers by proposed GDC.

More importantly, improved control algorithms are developed for various types

of islanded microgrids as linearized model-based power sharing strategies of micro-

grids rely on the particular distribution line parameters and effective power sharing

may not be possible. These algorithms maintain proportional power sharing among

common load-based parallel inverter-connected DG units.

A summary of the droop-based algorithms indicating their usage in different

types of microgrids is provided in Table 2.1.

Table 2.1. Usage of droop-based algorithms in different microgrids

Algorithms Usage
Forward droop-based algorithm Inductive microgrids
Reverse droop-based algorithm Resistive microgrids

Generalized droop-based algorithm Inductive-resistive microgrids

The selection methods of the control parameters for these designed controllers

are given in the next chapter (Chapter 3).



Chapter 3

Gain Selection Methods for the Designed

Controllers

3.1 Chapter Objectives

This chapter contains the gain selection processes for the proposed controllers. To

begin with, small-signal modeling is discussed in order to get the eigenvalues; from

which the stability conditions of the designed controllers in microgrids can be real-

ized. Owing to the vulnerability of this procedure in large inverter-based microgrids,

extended dynamic phasors models are proposed in this chapter so that the accurate

range of designed droop parameters can be determined.

3.2 Literature Review

The selection of droop-gains has been a challenging task for the utility operators

and the researchers usually use small-signal modeling to predict the stability of

the system and to choose the control gains [46], [59]-[62]. However, small-signal

modeling approach has some demerits. First of all, it is reported in [64], [65], [67]

that this method is based on the quasi-static approximation; in which the angular

frequency is assumed as static and the dynamics of the power circuit elements are not

considered. However, the disturbances occurred because of the dynamic adjustment

of magnitude, frequency, and phase angle should be considered in droop-controlled

islanded microgrids [65]. In addition, small-signal stability strategy requires more

computational analysis in large systems [63], and lacks accuracy in low-inertia and

40
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fast-acting inverter-based systems such as power electronics-connected microgrids

[66]. Therefore, advanced gain selection schemes are required to use.

A simple method known as dynamic phasors modeling (DPM) is introduced in

[74]-[78] to predict the dynamics and stability limit of the system. As this strategy

considers the dynamics of the power circuit elements, it is implemented in fast-

acting inverter-dominated microgrids in [67] with a view to predicting the transient

response of the system and its stability margin precisely. It is also shown in [67]

that DPM can be implemented in large inverter-interfaced systems. However, the

inclusion of the improved droop-based controllers in DPM needs to be verified.

DPM, with the designed controllers, is described in this chapter in depth in order

to determine the stability range of droop gains with higher precision.

3.3 Chapter Outline

The rest of the chapter is organized as follows: in Section 3.4, small-signal analysis is

carried out to find out the eigenvalues. Section 3.5 deals with the extended dynamic

phasors models for the precise selection of control gains and the chapter summary

is drawn in Section 3.6.

3.4 Small-signal Modeling

A small-signal analysis is a widely-used analysis tool by which electromechanical

oscillations can be studied and dynamic characteristics of a system (may not be

known from time-domain analysis) can be understood [71]. In this method, the

equations that represent the system model are linearized about stable or unstable

equilibrium points [72]. In general, eigenvalues are evaluated to analyze the small-

signal of the system [73]. In this section, microgrids with different structures (L-type,

R-type, and RL-type) are linearized and eigenvalues are found out.
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3.4.1 System Structure and Linear Modal Analysis

This section depicts the single-line diagram, as seen in Fig. 3.1, of two-source and

one load-based islanded microgrid with system linearization.

Figure 3.1. Single-line diagram of an islnaded microgrid system.

Linear modal analysis of the non-linear microgrid with the designed controllers

is carried out in this chapter with a view to tuning the control parameters and

understanding the system dynamics. The complex power can be written as (i, j =

1, 2 ; j �= i):

Si = Pi + jQi = Vi∠δi × Ii∠− θi (3.1)

Ii∠− θi =
2∑

j=1

Yredij Vj∠δj (3.2)

where, Yred is the reduced Ybus and it is obtained by grouping voltage-sources and

the load as bus ‘1’ and ‘2’ respectively.

Let consider that Yredij = Gij + jBij. Putting Eqns. (3.1) and (3.2) together, power

equations can be expressed as [36]:

Pi =
2∑

j=1

ViVj(Gij cos δij +Bij sin δij) (3.3)

Qi =
2∑

j=1

ViVj(Gij sin δij − Bij cos δij) (3.4)
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where, δij = δi − δj. Gij is the line conductance, and Bij is the line susceptance.

The Taylor series expansion for Pi and Qi can be written as (i = 1, 2 ; j �= i):

Pi = P 0
i +ΔPi

= P 0
i +

2∑
j=1

V 0
j (Gij cos δ0ij +Bij sin δ0ij) ΔVi

+
2∑

j=1

V 0
i (Gij cos δ0ij +Bij sin δ0ij) ΔVj

+
2∑

j=1

V 0
i V

0
j (−Gij sin δ0ij +Bij cos δ0ij) Δδij (3.5)

Qi = Q0
i +ΔQi

= Q0
i +

2∑
j=1

V 0
j (Gij sin δ0ij −Bij cos δ0ij) ΔVi

+
2∑

j=1

V 0
i (Gij sin δ0ij −Bij cos δ0ij) ΔVj

+
2∑

j=1

V 0
i V

0
j (Gij cos δ0ij + Bij sin δ0ij) Δδij (3.6)

where, Δδij = Δδi −Δδj and Δδi = δi − δ0i .

3.4.2 System Dynamics with Improved Forward Droop Control (FDC)

The equations of improved FDC are [70] (i = 1, 2):

Δδ̇i = −kfi(Pmi
− P 0

i ) (3.7)

ΔVi = kpi((V
0
i −Dvi(Qmi

−Q0
i ))− V

′
)

+ kii

∫
((V 0

i −Dvi(Qmi
−Q0

i ))− V
′
) dt (3.8)

Pmi
(s)

Pi(s)
=

wf

s+ wf

;
Qmi

(s)

Qi(s)
=

wf

s+ wf

(3.9)

where, V 0
i is the initial value of the voltages, V

′
is the common load voltage and m

symbolizes measured values.
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Let define ΔPmi
= Pmi

− P 0
i , and ΔQmi

= Qmi
−Q0

i . The system described by the

Eqns. (3.7) and (3.9) can now be linearly represented as (i = 1, 2):

Δδ̇i = −kfiΔPmi
(3.10)

˙ΔPmi
= −wf(ΔPmi

−ΔPi) = −wfΔPmi
+ wfΔPi (3.11)

˙ΔQmi
= −wf(ΔQmi

−ΔQi) = −wfΔQmi
+ wfΔQi (3.12)

where, i, j = 1, 2.

ΔPi = ΔP 0
iδj
Δδj +ΔP 0

iVj
ΔVj (3.13)

ΔQi = ΔQ0
iδj
Δδj +ΔQ0

iVj
ΔVj (3.14)

The constants ΔP 0
iδj
, ΔP 0

iVj
, ΔQ0

iδj
, and ΔQ0

iVj
can be obtained from Eqns. (3.5)

and (3.6) by letting ΔP 0
iδj

= ∂Pi

∂δj
|(.)=(.)0 , ΔP 0

iVj
= ∂Pi

∂Vj
|(.)=(.)0 , ΔQ0

iδj
= ∂Qi

∂δj
|(.)=(.)0 ,

and ΔQ0
iVj

= ∂Qi

∂Vj
|(.)=(.)0 .

where, (.) = (.)0 indicates that the equilibrium values of the variables are used to

evaluate the function.

Table 3.1. System description of L-type microgrids with improved FDC

Parameter Value (pu)
Z1, Z2 0.25j, 0.05j
V 0
1 , V

0
2 1, 1

kf1 , kf2 1, 5
kp1 , kp2 0.1, 0.5
Dv1 , Dv2 0.1, 0.5
ki1 , ki2 1, 1
wf 12 (rad/s)

The system description with improved FDC is provided in Table 3.1. The values

of kf1 , kp1 , Dv1 , ki1 , kf2 , kp2 , Dv2 , and ki2 are chosen via repetitive approximation

so that the eigenvalues are of negative real parts (with positive or negative complex

conjugates). The obtained eigenvalues of the linearized system at the equilibrium

point after the change in the load impedance (from 1 pu 0.5 pu) are: -12, -12, -12,
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0, -6+j13.763 and -6-j13.763. These values are plotted in Fig. 3.2. Since none of

them contains any positive real parts, the system can be regarded as stable.
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Figure 3.2. Eigenvalues of the closed-loop system with improved FDC.

3.4.3 System Dynamics with Developed Reverse Droop Control (RDC)

The proposed equations of improved RDC can be written as (i = 1, 2):

Δδ̇i = kfi(Qmi
−Q0

i ) (3.15)

ΔVi = kpi((V
0
i −Dvi(Pmi

− P 0
i ))− V

′
)

+ kii

∫
((V 0

i −Dvi(Pmi
− P 0

i ))− V
′
) dt (3.16)

Pmi
(s)

Pi(s)
=

wf

s+ wf

;
Qmi

(s)

Qi(s)
=

wf

s+ wf

(3.17)

The linear representation of the microgrid, demonstrated by the Eqns. (3.15)

and (3.17), can be expressed as [44] (i = 1, 2):

Δδ̇i = kfiΔQmi
(3.18)

˙ΔPmi
= −wf(ΔPmi

−ΔPi) = −wfΔPmi
+ wfΔPi (3.19)

˙ΔQmi
= −wf(ΔQmi

−ΔQi) = −wfΔQmi
+ wfΔQi (3.20)
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Table 3.2. System description of R-type microgrids with improved RDC

Parameter Value (pu)
Z1, Z2 0.25, 0.05
V 0
1 , V

0
2 1, 1

kf1 , kf2 1, 5
kp1 , kp2 0.1, 0.5
Dv1 , Dv2 0.1, 0.5
ki1 , ki2 1, 1
wf 12 (rad/s)

R-type microgrid system with RDC is described in Table 3.2. The eigenvalues

of the linearized system at the equilibrium point, after the load impedance changes

from 1 pu to 0.5j, are given in Fig. 3.3. As is noticed that there is no positive real

parts, meaning the system is stable.
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Figure 3.3. Eigenvalues of the closed-loop system with improved RDC.

3.4.4 System Dynamics with Developed Generalized Droop Control

(GDC)

The proposed GDC equations are as follows (i = 1, 2):

Δδ̇i = −kfi
Xi

|Zi|(Pmi
− P 0

i ) + kfi
Ri

|Zi|(Qmi
−Q0

i ) (3.21)
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ΔVi = kpi(V
0
i −Dvi(Pmi

− P 0
i )− V

′
) + kii

∫
(V 0

i −Dvi(Pmi
− P 0

i )− V
′
) dt

+ kpi(V
0
i −Dvi(Qmi

−Q0
i )− V

′
) + kii

∫
(V 0

i −Dvi(Qmi
−Q0

i )− V
′
) dt

(3.22)

P
′
mi
(s)

P
′
i (s)

=
wf

s+ wf

;
Q

′
mi
(s)

Q
′
i(s)

=
wf

s+ wf

(3.23)

where, P
′
mi

= Xi

|Zi|Pmi
− Ri

|Zi|Qmi
,

Q
′
mi

= Ri

|Zi|Pmi
+ Xi

|Zi|Qmi
,

P
′
i =

Xi

|Zi|Pi − Ri

|Zi|Qi,

Q
′
i =

Ri

|Zi|Pi +
Xi

|Zi|Qi.

The dynamics of the improved generalized droop-controlled RL-type microgrid

(parameters are provided in Table 3.3), depicted by the Eqns. (3.21) and (3.23),

can linearly be expressed as [50] (i = 1, 2):

Δδ̇i = − kfi
|Zi|(XiΔPmi

−RiΔQmi
) (3.24)

Xi
˙ΔPmi

−Ri3
˙ΔQmi

= −wf(XiΔPmi
−RiΔQmi

) + wfXiΔPi − wfRiΔQi (3.25)

Ri
˙ΔPmi

+Xi
˙ΔQmi

= −wf(RiΔPmi
+XiΔQmi

) + wfRiΔPi + wfXiΔQi (3.26)

Table 3.3. System description of RL-type microgrids with improved GDC

Parameter Value (pu)
Z1, Z2 0.25 + 0.25j, 0.05 + 0.05j
V 0
1 , V

0
2 1, 1

kf1 , kf2 1, 5
kp1 , kp2 0.1, 0.5
Dv1 , Dv2 0.1, 0.5
ki1 , ki2 1, 1
wf 12 (rad/s)

The eigenvalues of the linearized system after the reduction (say 50 percent) in

the load impedance are simulated in Fig. 3.4. From this figure, it can be seen that

all the values have negative real parts but no positive real parts (both positive and
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negative imaginary parts are there on account of the integral terms). Therefore,

system stability criteria is fulfilled.
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Figure 3.4. Eigenvalues of the closed-loop system with improved GDC.

Small-signal modeling assumes that the angular frequency, w, is constant not the

dynamic [67]. This is an inherent limitation of this method. Although satisfactory

outcomes are found in the aforementioned analysis of two-source microgrids, some-

times questionable results are obtained while predicting the system stability limit

in low inertia-based large microgrids [67]. That is why; in the following section,

dynamic phasors-based model is discussed.

Figure 3.5. Basic single-line diagram of a simple microgrid.
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3.5 Dynamic Phasors Modeling (DPM)

The use of dynamic phasors modeling (DPM) in inverter-dominated islanded micro-

grids has received attention recently as it includes the dynamics of the power circuit

elements in the analysis and provides higher precision in predicting the stability

limit of the system [67], [68].

Dynamic phasors vary with respect to time. That is why, they are also known

as time-varying phasors [64], [65], [68]. In time domain, a single phase time-varying

ac signal can be represented as:

e(t) = E(t) sin(wt+ δ(t)) (3.27)

where, E(t) is the amplitude, w indicates the angular frequency, δ(t) is the phase

anger.

The dynamic phasors P (e(t)) of e(t) can be written as [65]:

P (e(t)) = Ē(t) = E(t)ejδ (3.28)

where, P represents the transfer from time domain to dynamic phasors and Ē(t) is

the dynamic phasors of e(t).

The derivative of Ē(t) can be expressed as:

P (
d

dt
e(t)) =

d

dt
Ē(t) + jwĒ(t) (3.29)

The last term of Eqn. (3.29) is usually ignored in the traditional small-signal model-

ing. However, as the dynamic adjustment of amplitude and phase angle is required

in droop-based parallel systems, it should be included for precise analysis [65].

Let analyze the circuit, described in Fig. 3.5, with DPM approach. Let the line

impedance of the circuit is Zi = Ri + jwLi (Ri is the line resistance and Li is the

line inductance), where i is the number of inverter-connected DG units and.
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The dynamic phasors of the inverter output voltage (based on Fig. 3.5) can be

written as [65]:

V̄i(t)− V̄
′
(t) = (Ri + jwLi)Īi(t) + Li

d

dt
Īi(t) (3.30)

where, Īi(t) is the dynamic phasors of the inverter output current.

Solving first order differential Eqn. (3.30), the expression of Īi(t) can be written as:

Īi(t) =
V̄i(t)− V̄

′
(t)

Ri + jwLi

(1− e
−(

Ri+jwLi
Li

)
t) (3.31)

Now, Eqn. (3.30) can be reorganized using Laplace Transform as:

Īi =
V̄i − V̄

′

Lis+Ri + jwLi

(3.32)

The output power of the single-phase inverter can be written as follows [65]:

S̄i = Pi + jQi = V̄iĪi =
V̄ 2
i − V̄iV̄

′

Lis+Ri + jwLi

(3.33)

where, V̄i = Vi∠δi, V̄ ′ = V
′∠δ′

.

Let assume, δi = 0 and δ
′
= −Δδi. Therefore, Vi∠δi = Vi and V

′∠δ′
= V

′
ejΔδi .

From Eqn.(3.33), using Euler’s formula, the output real power and reactive power

of the single-phase inverter can be expressed as:

Pi =
Lis+Ri

(Lis+Ri)2 + wL2
i

(V 2
i − ViV

′
cosΔδi) +

wLi

(Lis+Ri)2 + wL2
i

ViV
′
sinΔδi

(3.34)

Qi =
wLi

(Lis+Ri)2 + wL2
i

(V 2
i − ViV

′
cosΔδi)− Lis+Ri

(Lis+Ri)2 + wL2
i

ViV
′
sinΔδi

(3.35)

where, Δδi is the change in phase angles. If it is small, then sinΔδi ≈ Δδi and

cosΔδi ≈ 1. Now, Eqns. (3.34) and (3.35) can be rewritten as:
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Pi =
Lis+Ri

(Lis+Ri)2 + wL2
i

(V 2
i − ViV

′
) +

wLi

(Lis+Ri)2 + wL2
i

ViV
′
Δδi (3.36)

Qi =
wLi

(Lis+Ri)2 + wL2
i

(V 2
i − ViV

′
)− Lis+Ri

(Lis+Ri)2 + wL2
i

ViV
′
Δδi (3.37)

If there is a small disturbance around the equilibrium points (δi, Vi), the linearized

equations of real and reactive powers can be written as:

ΔPi =
∂Pi

∂δi
Δδi +

∂Pi

∂Vi

ΔVi (3.38)

ΔQi =
∂Qi

∂δi
Δδi +

∂Qi

∂Vi

ΔVi (3.39)

where,

∂Pi

∂δi
=

−Lis+Ri

(Lis+Ri)2 + wL2
i

ViV
′
Δδi +

wLi

(Lis+Ri)2 + wL2
i

ViV
′

(3.40)

∂Pi

∂Vi

=
wLi

(Lis+Ri)2 + wL2
i

V
′
Δδi +

Lis+Ri

(Lis+Ri)2 + wL2
i

(2Vi − V
′
) (3.41)

∂Qi

∂δi
=

wLi

(Lis+Ri)2 + wL2
i

ViV
′
Δδi +

−Lis+Ri

(Lis+Ri)2 + wL2
i

ViV
′

(3.42)

∂Qi

∂Vi

=
−Lis+Ri

(Lis+Ri)2 + wL2
i

V
′
Δδi +

wLi

(Lis+Ri)2 + wL2
i

(2Vi − V
′
) (3.43)

Let kpδi =
∂Pi

∂δi
, kpvi =

∂Pi

∂Vi
, kqδi =

∂Qi

∂δi
, and kqvi =

∂Qi

∂Vi
.

In the following sub-sections, extended DPM method is provided to select the

range of droop parameters for the proposed controllers.

3.5.1 DPM with Designed Forward droop Controller

This sub-section deals with the implementation of an improved FDC-based controller

in DPM analysis. In FDC method, it is assumed that the line inductance is greater

than the line resistance and the term Ri is neglected. Hence, Eqns. (3.40), (3.41),

(3.42), and (3.43) can be rewritten as:
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kpδi =
−Lis

(Lis)2 + wL2
i

ViV
′
Δδi +

wLi

(Lis)2 + wL2
i

ViV
′

(3.44)

kpvi =
wLi

(Lis)2 + wL2
i

V
′
Δδi +

Lis

(Lis)2 + wL2
i

(2Vi − V
′
) (3.45)

kqδi =
wLi

(Lis)2 + wL2
i

ViV
′
Δδi +

−Lis

(Lis)2 + wL2
i

ViV
′

(3.46)

kqvi =
−Lis

(Lis)2 + wL2
i

V
′
Δδi +

wLi

(Lis)2 + wL2
i

(2Vi − V
′
) (3.47)

Solving Eqns. (3.7), (3.8), (3.9), (3.38), and (3.39), the characteristic equation

of the closed-loop system with improved forward droop controller via DPM analysis

can be derived as:

a0s
3 + a1s

2 + a2s+ a3 = 0 (3.48)

The closed-loop system stability can be determined from the coefficients of Eqn.

(3.48). From Routh’s stability criteria, the condition that all roots have negative

real parts are:

a0a3 < a1a2; a3 > 0 (3.49)

If a3 > 0; from the value of a3, it can be derived as: kfi > 0.

If a0a3 < a1a2, the range of Dvi can be written as:

D2
vi
a

′
+Dvia

′′
+ a

′′′
< 0 (3.50)

The solution of Eqn. (3.50) is: Dvi <
−a

′′±
√

4a
′
a
′′′

2a′ .

The solutions coefficients (a0, a1, a2, a3, a
′
, a

′′
, a

′′′
etc) are provided in the appendix.

Therefore, one droop gain (kfi) should always be positive and another droop gain

(Dvi) depends on other gains, initial voltages of DG units and common load voltage.
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3.5.2 DPM with Designed Reverse Droop Controller

In this sub-section, DPM method with improved reverse droop controller is dis-

cussed. Extended DPM is used to evaluate the range of both frequency (rate-of-

change of angle) droop gain and voltage droop gain. It is known that RDC works in

a system; in which the line resistance is larger than the line inductance. Therefore,

Eqns. (3.40), (3.41), (3.42), and (3.43) become:

kpδi =
1

Ri

ViV
′
Δδi (3.51)

kpvi =
1

Ri

(2Vi − V
′
) (3.52)

kqδi =
1

Ri

ViV
′

(3.53)

kqvi =
1

Ri

V
′
Δδi (3.54)

The characteristic equation (obtained by solving Eqns. (3.15), (3.16), (3.17),

(3.38), and (3.39)) of the DPM-based system with improved reverse droop controller

is:

b0s
3 + b1s

2 + b2s+ b3 = 0 (3.55)

The coefficients of Eqn. (3.55) can be used to determine the stability range of

R-type microgrids. Based on Routh’s stability criteria, the condition that all roots

have negative real parts are:

b0b3 < b1b2; b3 > 0 (3.56)

If b3 > 0, it can be derived as: kfi > 0, and if b0b3 < b1b2, the range of Dvi can be

represented as:

D2
vi
b
′
+Dvib

′′
+ b

′′′
< 0 (3.57)

The solution of Eqn. (3.57) is: Dvi <
−b

′′±
√

4b′b′′′

2b′ .

The solutions coefficients (b0, b1, b2, b3, b
′
, b

′′
, b

′′′
etc) are provided in the appendix.
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3.5.3 DPM with Developed Generalized Droop Controller

The inclusion of improved generalized droop controller in DPM analysis is presented

in this sub-section. The characteristic equation of improved GDC-based system with

DPM can be expressed by the Eqn. (3.58), which has been derived by solving Eqns.

(3.21), (3.22), (3.23), (3.38), and (3.39).

c0s
3 + c1s

2 + c2s+ c3 = 0 (3.58)

Using Routh’s criteria, the conditions that all roots have negative real parts can

be obtained by the coefficients of Eqn. (3.58). The conditions are as follows:

c0c3 < c1c2; c3 > 0 (3.59)

Let consider, c3 > 0; from the above mentioned value of c3, it can be derived as:

kfi > 0.

If c0c3 < c1c2, the range of Dvi can be written as:

D2
vi
c
′
+Dvic

′′
+ c

′′′
< 0 (3.60)

The solution of Eqn. (3.60) is: Dvi <
−c

′′±
√

4c
′
c
′′′

2c
′ .

The solutions coefficients (c0, c1, c2, c3, c
′
, c

′′
, c

′′′
etc) are provided in the appendix.

3.6 Chapter Summary

The gain selection procedures for the proposed controllers are presented in this chap-

ter. In order to choose the control parameters of the designed controllers, microgrid

systems (L-type, R-type, and RL-type) are linearized. Firstly, small-signal stabil-

ity analysis is provided for the purpose of gain selection; in which eigenvalues are

determined via successive approximation. However, this method has some inher-

ent disadvantages such as static angular frequency, omitting the dynamics of power
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circuit elements, and requirement of more computational analysis in large micro-

grids. Because of these limitations, this strategy might be inapplicable to predict

the stability margin in systems where many parallel inverters are connected. For

this reason, extended dynamic phasors modeling (DPM) is developed in this chapter.

It has been found that proposed DPM is effective enough to evaluate the suitable

stability range of droop gains in inverter-interfaced islanded microgrids.

The following chapter (Chapter 4) presents the implementation of DPM-based

droop controller (control parameters are selected from the range obtained by the

DPM analysis) in photovoltaic systems to verify its robustness.



Chapter 4

Controller Performance Evaluation on

Photovoltaic Systems

4.1 Chapter Contributions

This chapter proposes a new type of droop-based controller for Photovoltaic (PV)

systems that can share power proportionally during the load change and also can

balance power if PV generation varies. Different case studies are considered and

a comparison between the designed controller and the existing generalized droop

controller is given; from which the effectiveness of the designed controller in PV

systems can be verified.

4.2 Literature Review

PV system appears as a promising renewable energy to ensure sustainable electric

power supply owing to their small relative size, noiseless and environment-friendly

operation [80]. However, atmospheric conditions cause change in the intermittent

PV generation [81]. PV system is also affected by the change in connected loads

[55], [56]. Therefore, efficient control strategies are essential to attain proper output

from PV systems. PV-based low and medium networks have been studied in [82] and

droop control for PV systems, to divide the load change based on the capacity of PV

units, are discussed in [83]. However, this controller cannot balance power during

the change in the PV generation. This shortcoming is overcome in this chapter by

implementing the proposed droop-based control scheme in PV systems.

56
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4.3 Chapter Outline

The presentation of rest of the paper is as follows: Section 4.4 describes the modeling

of single-phase PV systems. The proposed control algorithm is provided in Section

4.5. The performance of the designed controller, under diverse operating conditions,

is evaluated in Section 4.6 and Section 4.7 contains the chapter summary.

4.4 Inverter-connected PV System Model

The mathematical modeling of PV systems is discussed in this section to analyze

the control interaction and to design the proposed controller. The block diagram of

a PV system is represented in Fig. 4.1. From this figure, it can be noticed that a PV

system mainly consists of two parts [84]: 1) solar conversion and 2) power electronic

conversion. A PV array is connected to the load by means of a dc-dc boost converter

and a dc-ac converter (inverter). The maximum output power transfer, from PV

array to the inverter, is ensured by a dc-dc boost converter and an inverter converts

that power into ac in order to feed the ac load.

Figure 4.1. Schematic block diagram of a PV system.

This section is organized as follows: Sub-section 4.4.1 contains the mathematical

model of the single-phase PV arrays and the inverter model is presented in Sub-

section 4.4.2.



Section 4.4 Inverter-connected PV System Model 58

4.4.1 PV Cell and Array Modeling

A PV cell is considered as a simple p-n junction, which converts the solar irradiation

into the electric energy [81]. Fig. 4.2 illustrates an equivalent circuit diagram of a

PV cell which comprises of a current source (IL), a parallel diode, and series and

shunt resistances (RS, RSh) [85].

Figure 4.2. Equivalent circuit diagram of a PV cell.

The diode current can be expressed as [81, 86]:

Id = IS[exp[α(vpv +RSipv)]− 1] (4.1)

where, α is a constant that is equal to q/AkTc, A is the p-n junction ideality factor

whose value varies from 1 to 5, k = 1.3807 × 110−23JK−1 represents Boltzmann’s

constant, q = 1.6022 × 10−19C indicates the charge of electron, Tc is the working

temperature of PV cell in kelvin, IS symbolizes the saturation current, and vpv is

the output voltage of PV cell. Using Kirchhoff’s current law (KCL) in Fig. 4.2, the

output current of a PV cell can be represented as [86]:

ipv = IL − IS[exp[α(vpv +RSipv)]− 1]− vpv +RSipv
RSh

(4.2)

The light generated current, IL, is dependent on the solar irradiation and their

relation can be written by the following Eqn. (4.3) [81].
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IL =
S

1000
[ISc + ki(Tc − Tref)] (4.3)

where, S is the solar irradiation, ISc indicates the short-circuit current, ki denotes

the short-circuit current coefficient of PV cell, and Tref is the reference temperature

of PV cell.

Since low output voltage is obtained from a PV cell, several cells are connected

in series to form a PV module and a number of modules are connected in parallel

to construct a PV array [81]. The output current of a PV array is [87, 88]:

ipv = NpIL −NpIL[exp[α(
vpv
NS

+
RSipv
Np

)]− 1]− Np

RSh

(
vpv
NS

+
RSipv
Np

) (4.4)

where, NS and Np are the number of PV cells in series and the number of PV

modules in parallel respectively.

Figure 4.3. A single-phase inverter-connected PV system.

4.4.2 Single-phase Inverter Modeling

The schematic circuit diagram of a single-phase inverter-interfaced PV system is

demonstrated in Fig. 4.3. Here, C is the dc-link capacitor and the dc-link voltage

across C is denoted by vdc. The value of vdc is adjusted at a level through maximum

power point tracking (MPPT) in order to make it suitable for the inverter. According

to this figure, vdc is the output voltage of the PV array (vpv). Now, KCL is applied
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at the node where the dc-link is connected and Eqn. (4.5) can be written [84].

v̇dc =
1

C
(ipv − idc) (4.5)

Inverter switches are denoted by S1, S2, S3, and S4 respectively. Lf and Cf are the

inductance and capacitance of the filter. RL load parameters are shown in Fig. 4.3

by R
′
and L

′
. The complete mathematical model of single-phase inverter can be

written as follows by applying KVL and KCL into Fig. 4.3 [86].

i̇inv =
1

Lf

(mvdc − V ) (4.6)

V̇ =
1

Cf

(iinv − I) (4.7)

İ =
1

L′ (R
′
I + V ) (4.8)

where, iinv is the current flowing through the inverter, m is the modulation index,

V is the magnitude of ac voltage across the filter, and I is the load current.

4.5 Developed Droop-based Algorithm for PV Systems

Let assume, there are multiple PV units and both the PV generation and the RL

load in Fig. 4.3 are variable. Therefore, it is essential to distribute these changes

among PV units accurately. Let consider, δi represents the phase angle of inverter-

connected PV units (where, i represents the number of PV units), P 0
i and Q0

i are

reference real-reactive powers of inverter-dominated PV units, Pmi
and Qmi

are

measured powers (subscript m stands for measured values). Besides, Ri, Xi, and Zi

are resistance, inductance, and impedance of the distribution lines. V 0
i is the initial

voltage of PV units and V
′
is the voltage across the load. kfdi is the derivative

droop gain and other droop gains are represented by kfi and Dvi , while kpi is the

proportional gain and kii indicates the integral gain. Now, based on the whole

droop-based analysis, given in Chapter 2, the proposed droop-based algorithm for
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PV systems can be expressed as:

Δδ̇i = −kfi
Xi

|Zi|(Pmi
+ P 0

fti
− P 0

i )− kfdi
Xi

|Zi|
d

dt
(Pmi

+ P 0
fti

− P 0
i )

+ kfi
Ri

|Zi|(Qmi
−Q0

i ) + kfdi
Ri

|Zi|
d

dt
(Qmi

−Q0
i ) (4.9)

P 0
fti

= kdci v̇dc = kdci
1

C
(ipv − idc) (4.10)

ΔVi = kpi(V
0
i −Dvi(Pmi

− P 0
i )− V

′
) + kii

∫
(V 0

i −Dvi(Pmi
− P 0

i )− V
′
) dt

+ kpi(V
0
i −Dvi(Qmi

−Q0
i )− V

′
) + kii

∫
(V 0

i −Dvi(Qmi
−Q0

i )− V
′
) dt

(4.11)

where, Δ stands for the change from initial value.

Figure 4.4. Schematic block diagram of designed control scheme for a PV system.

Fig. 4.4 depicts the overall control operation for a PV system. It is observed
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that the controller acts as a droop and adjusts the inverter voltage (magnitude

and phase angle) when the measured outputs change from their set points. This

may happen due to the load change or the variation in the PV generation. In the

diagram, the values of control gains are: k1 = −kfi
Ri

|Zi| , k2 = kfdi
Ri

|Zi| , k3 = kfi
Xi

|Zi| , and

k4 = kfdi
Xi

|Zi| . The feedback control ensures the adjustment of the output power and

the proportional-integral (PI) control maintains proportional power sharing.

4.6 Simulation and Results

A single-line diagram of WECC 9-bus test distribution system is demonstrated in

Fig. 4.5. The original distribution system [89] is modified by making it islanded

microgrid; in which four PV units are connected at buses- 1, 2, 3 and 4. The common

load (shared by all PV units) is connected at bus- 9 and buses- 5, 6, 7, and 8 contain

the local load of each PV units.

Figure 4.5. Single-line diagram of the test islanded microgrid.

Table 4.1 provides the parameters of a PV system [84]. Each PV units are rated

at 1570 kW and 708 kVAr. There are 150 parallel strings in each PV array (array
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is rated for 3480 V @ 431 A) and 80 modules in each string (module is rated for

43.5 V @ 2.8735 A). The nominal value of the dc-link voltage is 1582 V with 5000

μF capacitance. The PV units are connected to the distribution side by means of

inverters whose nominal power is 1.5 MW. According to the available data of SMA’s

Medium-Voltage Power Platform Sunny Central Inverters’, the output voltage of 1.5

MW inverter is 13.8 kV. Commercially available step down transformer is used to

reduce the voltage value to 230 V as the line voltage has been considered as 230

V. The initial values of all reduced output voltages are kept the same (say 1 pu).

Each distribution line is indicated by a series lumped Z (RL)-branch (distribution

line parameters are given in Table 4.2). The total load of the system is 6 MW, 0.4

MVAr. The rating of the common load is 4 MW, 0.28 MVAr, whereas each local

load is rated at 500 kW and 0.03 MVAr.

Table 4.1. PV System Parameters

Parameter Value
Number of parallel strings in each array 150

Array open circuit voltage 3480 V
Array short circuit current 431 A

Number of modules in each string 80
Module open circuit voltage 43.5 V
Module short circuit current 2.8735 A

Diode ideality factor 1.3
dc-link capacitance 5000 μF

VSC switching frequency 3000 Hz
Inverter nominal power 1.5 MW

Inverter nominal output voltage 13.8 kV (ac)
Filter inductance, capacitance 500 μH, 100 μF

Table 4.2. Line Data
Parameter Value (pu)

R1, R2, R3, R4 0.25, 0.2, 0.15, 0.1
X1, X2, X3, X4 0.25, 0.2, 0.15, 0.1
Z1, Z2, Z3, Z4 0.25 + 0.25j, 0.2 + 0.2j, 0.15 + 0.15j, 0.1 + 0.1j
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The values of the control parameters, described in Table 4.3, are selected arbi-

trarily from the stability range determined by the dynamic phasors analysis.

Table 4.3. Control Parameters
Parameter Value (pu)

kf1 , kf2 , kf3 , kf4 1.2, 2.8, 4.4, 6
kfd1 , kfd2 , kfd3 , kfd4 0.7, 1.8, 2.9, 4
Dv1 , Dv2 , Dv3 , Dv4 0.12, 0.28, 0.44, 0.6
kp1 , kp2 , kp3 , kp4 0.12, 0.28, 0.44, 0.6
ki1 , ki2 , ki3 , ki4 1, 5, 1, 5

kdc1 , kdc2 , kdc3 , kdc4 1, 1, 1, 1
wf 12 (rad/s)

The performance of the designed controller is tested in this section using industry

standard software environment MATLAB. In order to evaluate the effectiveness of

the proposed controller, the following different operating conditions have been con-

sidered: 1) load change in RL-type distribution line-based system; 2) load change

in L-type distribution line-based system; 3) load change in R-type distribution line-

based system; and 4) PV generation change in RL-type distribution line-based sys-

tem. In all these case studies, the designed controller is compared with the tradi-

tional generalized droop controller [50] and its robustness is highlighted. The solid

lines represent the performance of the proposed controller in Figs. 4.6-4.15, whereas

the generalized droop controller is denoted by the dotted lines.

Load Change in RL-type Microgrids

This case study takes both the inductance and resistance of the distribution lines

into consideration, and the performance of the controller is tested for the sudden

change in connected loads. Let assume, 30 percent change in the connected load is

applied at 1 second. The designed controller is implemented to maintain the power

balance and the system reaches into stable-state within 2 seconds. Fig. 4.6 shows

the angle differences among VSC-interfaced PV units; from which it is seen that
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they are of constant values. As a result, the rate-of-change of angles (frequencies)

are the same throughout the system, indicating system stability.
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Figure 4.6. Angle differences of RL-type islanded microgrids during the change in the
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Fig. 4.7 provides the terminal voltages at buses 1-4, and it is observed that their

responses are stable during the sudden change in connected loads.
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Figs. 4.8 and 4.9 deal with the output powers (real and reactive) of inverter-

connected PV units and it is evident that their responses become stable after a bit

start-up oscillations. In all these figures, the proposed control scheme (solid line)

returns the system into steady-state with less number of oscillations in comparison

with the classical GDC (dotted line). The power measurement sensor dynamics

cause the system to fluctuate and integral term creates initial oscillations.

Load Change in L-type Microgrids

This case study applies the designed controller on the microgrid test system, oper-

ating in highly-inductive mode; in which the line resistances are ignored.
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Figure 4.10. Real powers of L-type islanded microgrids during the change in the load
(solid line-proposed controller, dotted line-droop controller)

In Fig. 4.10, the real powers of PV units are given while the reactive powers

of PV units are illustrated in Fig. 4.11. As is seen from Fig. 4.11 that their

responses are decreased initially and then settled to steady-state values within 0.5

second of controller operation. Comparing to GDC-based controller (dotted line),
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the proposed controller shows excellent performance in terms of steady-state error,

oscillation, overshoot, rise-time, and settling time.
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Load Change in R-type Microgrids

In this case study, only resistive nature of the distribution lines within LV islanded

test microgrid is considered. Figs. 4.12 and 4.13 depict the real and reactive power

sharing with permanent change in connected loads (say 30 percent) in a R-type

microgrid system; from which it is observed that the proposed controller (solid line)

reacts more promptly than generalized droop controller with a view to ensuring

proper damping and settling time within 2 seconds.
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Figure 4.13. Reactive powers of R-type islanded microgrids during the change in the
load (solid line-proposed controller, dotted line-droop controller)

Sudden Change in PV Generations

The objective of this case study is to show that the proposed control scheme can

maintain frequency within statutory limits and share power among PV units during

any variation in the sunlight. Let assume a situation; in which the solar irradiation

changes from 1000 Wm−2 to 900 Wm−2 at 1 second. At this stage, the power

delivered to the load is changed and there may be power deficiency. The designed
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feedback controller senses it instantly and changes the output power of the microgrid

according to the change in the PV generation for balancing the system naturally.
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Figure 4.14. Angle differences of RL-type islanded microgrids during the change in the
PV generation (solid line-proposed controller, dotted line-droop controller)
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The constant angle differences and real powers shared among PV units at buses

1-4, with the change in atmospheric conditions, are given in Fig. 4.14 and Fig. 4.15

respectively. In both of the figures, the system stability is ascertained after some

start-up transients.

4.7 Chapter Summary

This chapter provides the modeling of a PV-based islanded microgrid in great de-

tails. An effective control algorithm is developed to protect the system against the

change in connected loads, rapid variation in solar irradiation, and various microgrid

structures (L-type, R-type and RL-type). The simulation results justify the viability

of the designed controller. In simulated figures, the performance of the proposed

controller is compared with that of the traditional GDC-based controller [50], and it

is seen that the designed controller shows better performance in ensuring the system

stability.



Chapter 5

Conclusions and Future Directions

5.1 Conclusions

Droop-based control algorithms are presented in this dissertation with a view to

distributing the change in the load among inverter-interfaced DG units in accor-

dance with droop gains. Diverse islanded microgrid structures are considered and

algorithms are given for each microgrid structures (L-type, R-type and RL-type).

Modified algorithms are developed in order to reduce the start-up fluctuations and

to balance the output power of DG units if the renewable generation varies. For

the purpose of sharing the load based on the power ratings of DG units, linearized

model-based strategies are proposed initially. However, it is found that linearized

model-based power sharing strategies of microgrids depend on the distribution line

parameters and proportional power sharing may not be possible without proper

optimization during the selection of parameters. Hence, improved droop-based con-

trollers are designed to ensure proportional real-reactive power sharing in islanded

microgrids.

The control parameters of the proposed controllers are selected firstly based on

the small-signal stability analysis where the eigenvalues are determined by means of

successive approximation. However, it is anticipated that on account of the negli-

gence of the dynamics of power circuit elements, this method may fail to calculate

the exact stability range in droop-controlled large microgrids. Therefore, this thesis

uses an extended dynamic phasors-based analysis to evaluate the accurate stability

72
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margins for the designed controllers.

Finally, the proposed control scheme is applied on a PV-based microgrid test sys-

tem and it is observed from simulation results that the designed controller is robust

against the dependance on communication-based networks, existence of distribution

line parameters, component mismatches, disturbances in the load, unpredictability

of sunlight, effect of start-up transients, and numerical errors.

The main contributions of the entire thesis can be summarized as:

• Droop-based control algorithms are developed for proportional power sharing

during the load change phenomenon in different islanded microgrids.

• A modified droop-based controller is designed to balance the inverter output

power in microgrids during both the load change and the renewable generation

change phenomena.

• Accurate stability margins are determined for the designed controllers using

extended dynamic phasors models.

5.2 Future Directions

The proposed work can further be extended as follows:

• The designed decentralized controllers can share power proportionally in com-

mon load-based microgrids. However, in reality it might be difficult to get

information about the common load for large test systems. Therefore, cost-

effective low-bandwidth communication networks can be utilized.

• Power sharing strategies of microgrids are developed in this dissertation by

considering static load. In future, load dynamics can be included to improve

the performance of the proposed controllers.

• Practical implementation of the improved droop-based control would be inter-

esting to compare the simulated results with the real-time outputs.
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The solution coefficients of the extended dynamic phasors models are:

a0 = 1 +Dvikpikqvi ,

a1 = wf + wfDvikpikqvi + kiiDvikqvi ,

a2 = wfkiiDvikqvi+kfiwfkpδi+kfiwfkpδiDvikpikqvi+kfiwfkpvikpiVi−kfiwfkpikpviDvikpδi

− kfwfkpvikpiV
′
,

a3 = kfiwfkpδikiiDvikqvi + kfiwfkpvikiiVi − kfiwfkpviDvikiikqδi − kfiwfkpvikiiV
′
,

a
′
= a6 − a7 − a8 − a9 − a10 − a11 + a12 + a13,

a
′′
= a14 − a15 + a16 − a17 − a18 − a19 − a20 − a21 − a22 − a23 + a24 + a25 + a26,

a
′′′
= a4 − a5,

a4 = kfiwfkpvikiiV
0
i − kfiwfkpvikiiV

′
,

a5 = kfiw
2
f kpδi + kfiw

2
f kpvikpiV

0
i − kfiw

2
f kpvikpiV

′
,

a6 = kfiwfkpδikiikpik
2
qvi

,

a7 = −kfiwfkpvikiikqvikqδikpi ,

a8 = w2
f kiikpik

2
qvi

,

a9 = wfk
2
ii
k2
qvi

,

a10 = w2
f kfikpδik

2
pi
k2
qvi

,

a11 = wfkfikpδikpikiik
2
qvi

,

a12 = −w2
f kfik

2
pδi

kpvikqvikqδi ,

a13 = −wfkfikpikpvikqδikiikqvi ,

a14 = wfkfikpδikiikqvi ,

a15 = −wfkfikpvikiikqδi ,

a16 = wfkfikpvikiiVikpikqvi ,

a17 = −wfkfikpvikiikpikqviV
′
,
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a18 = w2
f kiikqvi ,

a19 = w2
f kfikpikpδikqvi ,

a20 = w2
f kfikiikqvikpδi ,

a21 = w2
f kfikpδikpikqvi ,

a22 = w2
f kfikpvik

2
pi
V 0
i ,

a23 = wfkfikpvikpikiikqviV
0
i ,

a24 = −w2
f kfikpikpvikqδi ,

a25 = −w2
f kfikpvik

2
pi
kqviV

′
,

a26 = −wfkfikiikpvikpikqviV
′.

b0 = 1 +Dvikpikpvi ,

b1 = wf + wfDvikpikpvi + kiiDvikpvi ,

b2 = wfkiiDvikpvi+kfiwfkqδi+kfiwfkqδiDvikpikpvi+kfiwfkqvikpiVi−kfiwfkpikqviDvikqδi
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